
Measurements of azimuthal correlation

between jets and charged particles

at LHC-ALICE experiment

Dousatsu SAKATA

February 2013



Measurements of azimuthal correlation

between jets and charged particles

at LHC-ALICE experiment

Dousatsu SAKATA
Doctoral Program in Physics

Submitted to the Graduate School of

Pure and Applied Sciences

in Partial Fulfillment of the Requirements

for the Degree of Doctor of Philosophy in
Science

at the
University of Tsukuba



Abstract

In the nature around us, quarks and gluons are confined in hadrons due to ”confinement
of quarks”. However, the coupling strength of the QCD between quarks and gluons is to be
asymptotically weaker with the increasing their energy. At high temperature the quarks and
gluons move freely beyond the boundary of hadrons. Such high energy state is called Quark-
Gluon Plasma(QGP). To create such state on the earth, the ultra relativistic heavy ion collision
is unique tool.

It has been observed several signatures of the QGP formation at the Relativistic Heavy
Ion Collider(RHIC). Suppression of high momentum particles is one of the signatures. High
momentum particles are known to be produced in characteristic phenomena, jet , where high
momentum particle are produced in cluster. The jet is produced when parton in each projectile
is scattered with large momentum, followed by fragmentation into many hadrons.

It is considered that the cause of the suppression of high momentum particle is due to the
characteristic energy loss of the parton in the QGP. On the other hands, many low momentum
particles are formed at characteristic energy loss and the additional instead large angles from
original low momentum particles is often called modification of jet. In theoretical approach, the
energy loss and the shape modification of the jet is strongly relate to properties of hot/dense
matter particularly gluon density and initial temperature of the QGP. Therefore study of jet
modification is a good tool to investigate the properties of the QGP. Experimentally it is very
important to measure the energy loss together with the energy re-distribution at large angles.

At the RHIC, it is difficult to collect enough data because of its low rate. The production
cross-section of jet is strongly related to the collision energy. The Large Hadron Collider(LHC)
starts nuclear-nuclear collisions with highest energy from 2010. LHC provides good opportunity
to study the jet physics in heavy ion collisions to investigate parton interaction between jets and
the QGP with higher statistics. Former study of the jet physics in heavy ion collisions has been
done at the LHC by CMS. They have suggested the existence of re-distributed particles at large
angles. In their study, the information of the spread angle is minimum and they can not see
detail of jet modification.

In this paper, a new analysis method is proposed in order to see the modified energy(or
momentum) with the spread angle. Proposed new method handles the momentum weighted
azimuthal distribution of the associate particles with respect to the leading jet and direct com-
parison of pp and Pb-Pb collisions have been done. In this thesis, the centrality dependence and
the leading jet momentum dependence are shown to extract jet modification effects, which shed
light on the knowledge of the pass length dependence of jet modification.

We observe that the low momentum particles are re-distributed at large angles in the away-
side of the jet with respect to the leading jet. This feature is consistent with CMS results.
Furthermore we see the re-distributed momentum in the near-side. The missing momentum
and the re-distributed momentum is found to be almost balanced. We see jet modification is
larger with the highest jet momentum, and the effect is also larger in the central compared with
peripheral collisions.
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Chapter 1

Introduction

According to prediction by the calculation of lattice QCD(Quark ChromoDynamics), phase tran-
sition of hadron to parton deconfinment occur at high temperature and/or density. Such high
energy state of deconfined matter is called Quark-Gluon Plasma(QGP).

Research on relativistic and ultra-relativistic nuclear collision has started in early 70’s at
Bevatron/Bevalac. Then many experiments were carried out to research nuclear equation of
states and fundamental theories of the strong interaction until now. Especially, Relativistic Heavy
Ion Collider(RHIC) confirmed that the QCD phase transition exists, however, the equation of
state still remains unknown.

On the other hand, in ultra relativistic nucleon collisions, scattered parton generated in initial
parton-parton collision fragments to a large number of particles maintaining their direction. The
particle clusters generated by scattered parton are called jet. Such jet process exist in relativistic
nucleon-nucleon collisions and a number of experiments at RHIC got results to indicate that
partons passing hot and dense QCD matter are reduced its energy. For example, the yield of
high-momentum particles is significantly reduced in central collisions compared to peripheral
ones. It is considered that this effect (called jet modification or jet quenching) is strongly related
to QGP properties - temperature, gluon density and so on. So jets in high energy nucleon
collisions can be probed to investigate hot/dense QCD matter. And jets are useful to validate
QCD theory.

However at RHIC energy it is difficult to evaluate under limited jets statistics and separate
particles coming from jets from particles from the other because jets are buried in a huge number
of particles which are generated from thermal bulk.

At Large Hadron Collider(LHC), it was started nuclear colliding experiments with the high-
est energy in the world from 2010. In collisions at LHC energy huge number of particles are
generated from jets via fragmentation (Fig.1.9). Thereby it can be reconstructed a large number
of jets in nuclear collisions. We starts jet measurements to investigate jet modification with huge
background in nuclear collisions.

In this chapter, we present theoretical background in jet physics in nuclear collisions and
recent results for jet modification as introduction to understand physics motivation of this thesis.
In latter chapter, we will describe in detail the experimental setup(chapter 2) and the physics
framework used within the thesis(chapter 3) just after introduction.

The main topics of the thesis will be described in chapter 4, we compared momentum distri-

14
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bution of associate particles with respect to trigger jet axis in Pb−Pb collisions with pp collisions
to draw out information of particle re-distribution effects due to jet modification in QGP matter.

1.1 Quantum ChromoDynamics (QCD) [1]

The QCD describe fundamental force in strong interaction between quarks and gluons with three
color symmetry SU(3). Quarks can carry electric charge and isolated color charge(red, blue and
green). Gluons carry the strong force as gauge boson. QCD is a theory of a non-abelian gauge
theory, then the theory permit gluons to interact by themselves.

1.1.1 Coupling Constant of Strong Force

The classical Lagrangian density for a quark with mass m given by

Lcl =
Nf∑
f

q̄f (iγµDµ −mf )qf − 1
4
F a

µνF
µν
a . (1.1)

The quark (gluon) field qf belong to the SU(3) triplet (octet). Therefor, f runs 1 to 3, while a
runs 1 to 8. The covariant derivative, Dµ is

Dµ ≡ ∂µ + ig
λa

2
Aa

µ, (1.2)

where λa is the eight Gell-Mann matrices.The strength tensor of gluon field F a
µν is defended as

F a
µν = ∂µA

a
ν − ∂νA

a
µ + gfabcA

b
µA

c
ν , (1.3)

where Aa
ν is the gluon fields, and fabs is the structure constants of the SU(3) group. g is defined

using coupling constant αs as,

g ≡
√

4παs. (1.4)

β function can be calculated in perturbation theory if g is small enough. And the function can
be expanded in series of g.

Q
∂g

∂Q
= β, β(g) = −β0g

3 − β5
1 + · · · , (1.5)

β0 =
1

(4π)2
(11 − 2

3
Nf ), β1 =

1
(4π)4

(102 − 38
3
Nf ), (1.6)

Running coupling constant can be described as function of momentum transfer Q,

αs(Q) =
1

4πβ0 ln(Q2/Λ2
QCD)

1 − β1

β2
0

ln
(
ln(Q2/Λ2

QCD)
)

ln(Q2/Λ2
QCD)

+ · · ·

 (1.7)

ΛQCD is called QCD scale parameter, to be determined from experiments.
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1.1.2 Asymptotic Freedom and Confinement of Quarks

According to Eq.1.7, coupling constant of strong force αs should be smaller at large momen-
tum transfer Q (or smaller distance). This property in large momentum transfer region is
called ”asymptotic freedom”. The effect decreasing coupling constant with the increasing energy
comes from anti-screening of color charge. It can be to calculate in perturbative calculations by
DGLAP[3][4][5] of cross sections in deep inelastic processes.

As shown in Fig.1.1, measured coupling constants are in good agreement with the calculations
by perturbative QCD. On the other hands, in smaller Q region (or larger distance), αs gets

Figure 1.1: The running coupling constants as function of momentum trans-
fers Q measured by various experiments and theoretical predic-
tion by QCD [2]

increase rapidly.We call the property ”confinement of quarks”. Even if we try to draw quark
away from hadron, strong force generate energy to produce a new qq̄ pair from the vacuum.
Therefor we can not let quark be alone in vacuum.

1.2 Quark Gluon Plasma (QGP)[6]

Let us think what will happen with the confined matter when constituents quarks of matter
has small coupling constant at large Q-value as shown in Fig.1.1. To create such state, we can
assume two methods, one is to heat up the matter, and the other is putting under the extremely
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high density condition. I f we create high energy state using these methods, because of hadrons
starts to overlap each other and, the quarks and gluons of hadron move beyond the boundary .
This state is like ”parton soup”. We call the state Quark-Gluon Plasma(QGP).

The current knowledge of phase diagram is shown in Fig.1.2. In nature,matters are composed
by proton and neutron at nominal temperature and baryon density. However if we apply heat
and/or pressure matters turn into QGP state. Experimentally(see next section), we can create
hot QGP with high energy collisions, and dense QGP with lower energy collisions.

Figure 1.2: The phase diagram of QCD matter as function of temperature
T and net baryon density

The energy density ε of an equilibrated ideal gas is given by Eq.1.8 as function of number
degree of freedom ndof and temperature T .ndof = 16 when the state has only gluon, 37 the state
is with two flavors and 47.5 with three flavors,

ε = ndof
π2

30
T 4. (1.8)

Fig.1.3 shows energy density divided by T 4 as function of temperature calculated by Lattice
QCD at non-zero chemical potential and the resonance gas model.According to current calcula-
tion the energy density increase rapidly at critical temperature Tc ∼ 175MeV.

1.3 High Energy Nuclear Collision

As seen in the previous section, to generate deconfined matter so called quark-gluon plasma, we
need to produce high temperature or high density in the collision. As of now, relativistic heavy
ion collisions are unique tool to creates such high energy states. The high energy heavy ion
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Figure 1.3: The normalized energy density as function of temperature T at
µB = 0 for each flavor estimation[7].The arrows on right side
indicate the value ε/T 4Stefan-Boltzmann limit

collisions can create high energy in so small volume by bombarding nucleons over a short time
experimentally. In this chapter, it is described about picture of QGP which is created by heavy
ion collisions, in particular collision geometry, time evolution and particle production.

Table 1.1: Expected QGP Properties in Heavy Ion Collision
SPS RHIC LHC

Nucleus Pb+Pb Au+Au Pb+Pb
√
sNN (GeV/c) 17.4 200 5500
dNch/dη 500 850 1500 − 4000

τ0
QGP (fm/c) 1 0.2 0.1

T/Tc 1.1 1.9 3-4
ε(GeV/fm3) 3 5 15-60
τQGP (fm/c) < 2 2-4 > 10
τf (fm/c) ∼ 10 20 − 30 30 − 40
Vf (fm3) ∼ 103 ∼ 104 ∼ 105

The expected QGP parameters created in heavy ion collision is shown in Table.1.1. We
observed QGP signals previous researches. First evidence of new state of matter was observed
at Super Proton Synchrotron(SPS) using fixed target since 1980’s. Several hadronic observable
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shows strong non-linearity dependence with respect to the number of nucleons which participate
in collisions. At RHIC, it was used collider instead of beam with fixed target. Then many kind of
signals were observed which indicate existence of phase transition in quark matter. However the
equation of state still remains unknown. To access property of matter need to perform at more
high collision energy. The reason is some of observables were limited by statistics. Alternatively
we could not have clear signal like as jet at RHIC energy. Since 2010,we started experiment with
energy 10 times higher than RHIC energy. It can provide huge number of signals from QGP
with long life time. Therefor it will allow significant qualitative improvement for measurements
to draw out properties of QGP.

1.3.1 Collision Geometry

b	


Projectile nucleons	
 spectator	


participants	


Figure 1.4: The over view of collision geometry in heavy ion collision

Collision geometry of nucleus-nucleus collision can be characterized by number of nucleons
in projectile nucleus(A), collision energy at rest from(

√
s) and distance between center of two

nucleons impact parameter(b). Differential cross section with inelastic total cross section of
nucleon σin

NN is described as following function

d2σin
AA

d2b
(b,

√
sNN ) = 1 − (1 − 1

A2
TAB(b)σin

NN (
√
sNN ))A2

, (1.9)

In the case same nuclei collide each other, overlap function TAB(b) should be described as

TAB(b) =
∫
ds2TA(s)TA(s− b) (1.10)

where TA(s) is thickness of nuclei where are penetrated the other nuclei defended as function of
nucleon density ρA(r)(normalized nucleon density ρnm) and radius in transverse plane s

TA(s) =
∫
dzρA(z, s), ρA(r) =

ρnm

1 + exp((r −RA)/a)
(1.11)
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In relativistic heavy ion collisions, the part of involved nucleons in collision are described
by the participant spectator model. The nucleons brought into collisions are called participant
and the other part in target and projectile nuclei are called spectator. The picture can be going
to remain viable, heavy ion collision have all of assumption by the Glauber Model[8] which are
listed following.

• these nucleons will carry sufficient momentum that they will be essentially undeflected as
the nuclei pass through each other

• de Broglie wave length as long as nucleon size or less, then nuclei collision can be described
as superposition of nucleon-nucleon collisions

• the nucleons move independently in the nucleus and that the size of the nucleus is large
compared to the extent of the nucleon-nucleon force

In the Glauber model, we can calculate number of participant nucleons Npart, and number
of nucleon-nucleon collisions Nbinary as follows,

Npart(b) =
∫
d2sTA(s)(1 − exp(−σin

NNTA(s))

+
∫
d2sTA(s− b)(1 − exp(−σin

NNTA(s)), (1.12)

Nbinary(b) =
∫
d2sσin

NNTA(s)TB(s− b). (1.13)

1.3.2 Time Evolution

Fig.1.5 shows the history of the longitudinal evolution for the produced matter by an ultra
relativistic heavy ion collision in the Bjorken picture.

Collision and Thermalize Stage [0 < τ < τ0]

The process of huge entropy production in relativistic heavy ion collision can be described as
two process. First model is mini-jet production as incoherent model. In central collision, partons
are generated from semi-hard process. Such partons are difficult to separate with partons which
generated from soft production. And they also interact with each other. the process could
contribute to from an equilibrated parton plasma.

The other model is color string braking model as coherent model.A large number of strings
and ropes between two projectile nuclear. Then many quark pairs and gluon pairs are generated
in color electric field in participant region. In short time scale, equilibrated parton plasma are
produced by partons in exited fields.

QCD Phase Transition and Hydrodynamical Evolution Stage [τ0 < τ < τf ]

After the local thermal equilibrium is reached at τ0, the system expand to longitudinal direction
and transverse direction. Especially, we have seen experimental results which suggest transverse
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Npart (in other words, ”wounded nucleons”) [4]. In nucleus-nucleus collisions, it is also
found that the total multiplicity is proportional to be Npart [5]. Npart is scaled with the
volume of the interaction region, therefore the total multiplicity is given by

dN

dy
∝ Npart ∝ A. (1.5)

For processes involving large momentum transfer (hard scattering processes), all
nucleon-nucleon collisions are assumed to be independent because of their small cross-
sections. Therefore, the cross-sections for hard-scattering processes should scale with
the number of binary nucleon-nucleon collisions.

Perfect fluid hydrodynamics suggest that initial anisotropy in the coordinate space
are directly converted into the momentum anisotropy in the final momentum space.
Since hydrodynamic model always assumes the local thermal equilibrium, the relation
between initial spatial eccentricity and the final momentum anisotropy could provide
the signal of possible thermalization in the early stage of heavy ion collisions.

1.2.2 Time Evolution

Figure 1.4: A sketch of the space-time picture of a relativistic heavy-ion collision.

Fig. 1.4 shows a simplified space-time evolution of a heavy ion collision which consists
of 4 stages; (i) a parton cascade stage, (ii) a QGP phase, (iii) an interacting hadron gas
phase and (iv) a free hadron stage.

Figure 1.5: The overview of space-time evolution of heavy ion collision

expansion can be described as perfect fluid at RHIC. If the thermal matter expand on approxi-
mated hydrodynamics by a perfect fluid, the evolution picture can be parameterized by the local
energy density ε and the local pressure P . The energy-momentum tensor and the baryon number
current of the perfect fluid with fluid four velocity uµ is given by

Tµν = (ε+ P )uµuν − gµνP (1.14)

jµ
B = nBu

µ (1.15)

Freeze out Stage [τf < τ ]

After the transition QGP will be getting cold due to expansion of the system. Then the quark-
gluon matter will be going to be hadron gas again on hyper-surface. We call the point chemical
freeze out where the number of hadron species is frozen. Then created hadrons start colliding
each other to thermalize. After the kinematics of hadrons are fixed, the point is called thermal
freeze out.

1.4 Soft and Hard Particle Production

In relativistic heavy ion collisions,particle production can fall roughly into two categories, soft
particle production and hard particle production.Experimentally, hard particles are detected as
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particle cluster so called ”jet”. In this section, it will be given account of partons model which
are introduced into collisions and particle production by collision.

1.4.1 Parton Distribution Function(PDF)

As has been well establish by the deep inelastic lepton-hadron collision scattering experiments,the
nucleon is composed of valence quarks, sea quarks and gluons. As shown Fig.1.6, momentum
fraction of wee partons(sea quarks and gluons) dominate with respect to the fraction of valence
quark. However, number of gluons should be finite in finite space.And actually, number of gluons
saturate when typical transverse size 1/Q eventually overlap each other.Such classical coherent
field configuration by saturated gluons are called the color glass condensate(CGC)[9].
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Figure 3: Left: Comparison of the PDFs extracted by H1 4 and ZEUS 5. Right: Comparison of the PDFs from

the ZEUS fit to global fits by MRST2001 6 and CTEQ6M 7

are consistent and competitive with the world average. However, theoretical uncertainties due
to higher order effects are estimated to be ±0.005. For a reduction of these errors NNLO
calculations are indispensable.

4 Conclusion

H1 and ZEUS have performed NLO QCD analyses of their data. The data are well described by
the predictions. Extractions of the parton densities and a measurement of the strong coupling
constant αs were performed.
In order to improve the theoretical uncertainties of the measurements NNLO calculations are
needed.
With the HERA luminosity upgrade the amount of data will increase substantially and polari-
sation of the lepton beams will be achieved. More precise and new measurements will thus be
possible in the future and help to improve the understanding of the structure of the proton.
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Figure 1.6: Left: Comparison of the PDFs extracted by H1 and ZEUS.
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1.4.2 Soft Particle Production

A lot of color strings formed between two nuclei when passing through each other at relativistic
energy. And quark pairs and gluon pairs are generated in strong color electric field in the region.
Number of pair production per unit space-time and unit volume is given by following,

ω(σ) = − σ

4π2

∫ ∞

0
dp2

T ln[1 ∓ exp(−πp2
T /σ)], (1.16)

where the upper part of the expression describe creation rate of a pair for massless spin 1/2
fermion.And the bottom part describe for spin 1 gauge boson. σ is strength of external filed
which is given by σ = eE for QED, σ ∼ gEc for QCD naively with color electric field Ec. Then
number of created quark pairs and gluon pairs can be defined using the number of degree of
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freedom in color and flavor as follows.

ωq(σ ∼ gEc) ∼ Nf
(gEc)2

24π
, ωg(σ ∼ gEc) ∼ Nc

(gEc)2

48π
(1.17)

Therefore generated ratio of quarks and gluons can be described as ωg/ωq ∼ Nc/Nf

After freeze-out, momentum distribution of particle i is given by following as hyper-surface
integral of thermal distribution.

E
d3N

d3p
x =

d3N

mTdmTdydφp
=

∫
P

f

f(x, p)pµd
∑

µ
(1.18)

where pµ is for momentum vector and
∑

µ
is normal vector to the hyper surface. And local

thermal distribution is given by following.

f(x, p) =
1

(2π)3
1

exp(pµuµ(x) − µ(x)/T (x)) ∓ 1
(1.19)

Then we can calculate particle number density for particle h as integral over particle momentum
as follow.

< nh >= dh

∫
d3p

(2π)3
1

exp((Eh − µh)/T ) ± 1
(1.20)

where dh is spin degeneracy and Eh is total energy. In heavy ion collisions, particles generated
by the process don’t distribute uniform in azimuthal direction with respect to the event plane.
We need to take care anisotropy distribution of particles described by next section.

1.4.3 Soft Particle Emission in Transverse Plane
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Figure 1.7: Left:A sketch of non-central nucleus-nucleus collisions coordi-
nate space.
Right:Particle expansion of final state after the collision in mo-
mentum space
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In non-central collision, overlap shape is anisotropic and it looks like almond or rugby ball.
This geometrical anisotropy create energy and pressure anisotropy in hot/dense matter while
end up with anisotropy of particle production in momentum space. When the mean free path l
is smaller than system size R (l << R) where by hydrodynamical approach can be applicable.
The particle emission pattern is subject to influence by energy/pressure anisotropy.

The particle azimuthal distribution with respect to reaction plane ψn in transverse plane can
be given by following,

E
d3N

d3p
=

d2N

2πpTdpTdy
(1 +

∞∑
n=1

2vn cos[n(φ− ψn)]). (1.21)

ψn =
1
n

(tan−1

∑
i
wi sinnφi∑

i
wi cosnφi

) (1.22)

The strength of the first-order of series on Eq.1.21 is called directed flow. The effect is small
in mid-rapidity. The second-order is called elliptic-flow and third-order called triangular flow.
The latter two flow influence to azimuthal particle distribution in mid-rapidity and these flow can
be described as perfect fluid on hydrodynamics model. And measurements of flow is important
in order to understand initial condition of collision and state of hot/dense matter.

1.4.4 Jet Production

In this section,let’s consider simple two body scattering with large momentum transfer. As shown
Fig.1.8, two parton from protons participates in inelastic collision.

1	


2	


3	


4	


Figure 1.8: A sketch of two body scattering of partons from each nucleus
via gluon with high momentum transfer



1.4. SOFT AND HARD PARTICLE PRODUCTION 25

The cross section of deep inelastic parton collision in proton-proton collision can be given
with PDF and short distance cross-section of two body scattering by,

d2σjet

dx1dx2
(pp→ 3 + 4) =

∑
i,j=q,q̄,g

fi(x1, p2
T)fi(x2, p2

T)σ̂ij→kl, (1.23)

where i, j, k, l is various parton species(q, q̄, g). In this case, momentum transfer can be chosen as
Q ∼ pT in a natural choice. To replace parameters of Eq.1.23 with observable, we use following
functions,

x1 =
pT√

s
(ey3 + ey4), x2 =

pT√
s
(e−y3 + e−y4) (1.24)

ŝ = (p1 + p2)2 = x1x2s = 2p2
T[1 + cosh(y3 − y4)] (1.25)

t̂ = (p1 − p3)2 = −p2
T (1 + e−y3+y4) (1.26)

û = (p2 − p3)2 = −(ŝ+ t̂) (1.27)

Jacobian ≡ ∂(x1, x2, t̂)
∂(y3, y4, pT)

=
2pTŝ

s
= 2pTx1x2 (1.28)

where the symbol ”ˆ” is used denote Mandelstam variables of two body scattering process.We
can rewrite Eq.1.23 as follows,

d3σjet

dy3dy4dp2
T

=
∑
i,j

x1fi(x1, p2
T)x2fj(x2, p2

T)
dσ̂ij→kl

d|̂t|
. (1.29)

The two body cross section can be given by following.

dσ

d|t|
=

1
16π[s− (m1 +m2)2][s− (m1 −m2)2]

|M(s, t)|2 (1.30)

And then the invariant amplitude of each two body scattering process is shown in Fig.1.4.4.

The integrated cross section of di-jet production can be obtained as follows

σjet(
√
s, p0,∆y) =

∑
k,l

1
1 + δk,l

∫
p0

dp2
T

∫
∆y

dy3

∫
∆y

dy4
d3σjet

dy3dy4dp2
T

(1.31)

The part of Kronecker delta take account of symmetry factor of the final state with identical
particles. Therefor we can get the number of diet in heavy ion collision as following using overlap
function.

NAA
jet (

√
s, p0,∆y, b) ≈ TAA(b)σjet(

√
s, p0,∆y) (1.32)
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Table 1.2: Matrix elements of two-parton scattering and production sub-process in the lowest
order perturbative QCD

Process |M |2/(16π2αsαQ
2
g)

qq̄ → q′q̄′ 4
9

t2+u2

s2

qq′ → qq′ 4
9

s2+u2

t2

qq̄′ → qq̄′ 4
9

s2+u2

t2

qq̄ → qq̄ 4
9( t2+u2

s2 + s2+u2

t2
) − 8

27
u2

st

qq → qq 4
9( s2+u2

t2
+ s2+t2

u2 ) − 8
27

s2

ut

gg → qq̄ 1
6

t2+u2

tu − 3
8

t2+u2

s2

qq̄ → gg 32
27

t2+u2

tu − 3
8

t2+u2

s2

qg → qg −4
9( s2+u2

su + s2+u2

t2
) − 8

27
u2

st

gg → gg 9
2(3 − tu

s2 − su
t2

) − st
u2

qq̄ → gγ∗ 8
9

t2+u2+2s(s+t+u)
tu

qg → qγ∗ −1
3

s2+u2+2t(s+t+u)
su

Number of particle produced by jets should strongly depend on number of produced jets. So
we can give number of produced particles in unit longitudinal momentum fraction z by jets as
following.

dNparticle

dz
= NAA

jet × F (z,Q) (1.33)

F (z,Q) =
∑
i,h

Dh
i (z,Q) (1.34)

where Dh
i (z,Q) is production ratio of hadron h for each parton species i so called ”fragmen-

tation function”. The production ratio could not be calculated by perturbative QCD, so that
the variation with Q can be predicted provided Q is sufficiently large. If we would like to know
the production ratio, we have to determine in experiment.

In left figure of Fig.1.9 the predicted transverse momentum distribution of neutral pions and
inclusive charged hadrons is shown. Which is calculated on pQCD for Leading order. In LHC, a
huge number of particles are produced compared with the number of production in RHIC energy.
Therefor the experiments at LHC has statistical advantage in measurements for high momentum
prove. Then we can do direct measurements on jet measurements using high statistics which we
could not do due to statistical limit in experiments with low collision energy.

In right figure of Fig.1.9 provide production ratio of neutral pions and charged particles. The
neutral pion ratio is rapidly decreasing with transverse momentum due to production of kaon
and proton is dominant in high momentum region. That indicate high momentum particles come
from jets via fragmentation so that such kaons and proton should be produced by fragmentation
of partons. We have to remark that the ratio is higher in LHC than in RHIC energy. The
effects come from gluon saturation in projectile nucleus as we see in Fig.1.6. Then number of
produced neutral particles increase compared with the number of them in RHC energy. We can
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also use information of difference of production mechanism between quark recombination and
fragmentation which is seen in pion production ratio with respect to proton to investigate jet
modification in QGP.

Perturbative QCD fits to data [8, 9, 10, 11, 12, 13, 14, 15] use different coupled choices forKNLO

and 〈k2
T 〉 and the extracted values are thus not directly comparable. However, similar agreement between

data and theory at the level of spectral shapes and the
√

s dependence of the corrective factors discussed
above is found. In [16] the factorization and fragmentation scales were set to QPDF = pT /2 and
QFF = pT /2zc and no KNLO factors were employed. The extracted 〈k2

T 〉 decreases from 2.7 GeV2 at√
s $ 50 GeV to 0.75 GeV2 at

√
s $ 2 TeV. Alternatively, in [17] no primordial kT -smearing was used

and the scales in the calculation were fixed to be QPDF = QFF = pT . The deduced KNLO decreases
from ∼ 6 at

√
s $ 50 GeV to ∼ 1.5 at

√
s $ 2 TeV.

In the fits shown in Fig. 1 we have used the GRV98 LO PDFs [18] and the BKK LO FFs [19].
Proton+antiproton fragmentation has been parameterized as in [20], inspired from PYTHIA [21] results.
A fixed 〈k2

T 〉pp = 1.8 GeV2 has been employed, leading to a KNLO parameter that naturally exhibits
a smaller variation with

√
s. A ±25% error band about the KNLO value, fixed by the requirement to

match the moderate- and high-pT behavior of the data, is also shown. The fragmentation and factorization
scales were fixed as in [17]. In the lower right panel the systematic decrease of the next-to-leading order
K-factor is presented. Two fits to KNLO have been used: linear KNLO = 2.7924 − 0.0999 ln s and
quadratic KNLO = 3.8444 − 0.3234 ln s + 0.0107 ln2 s in ln s. For center of mass energies up to 1 TeV
the two parameterization differ by less than 15% but this difference is seen to grow to 30%-50% at√

s = 5 − 10 TeV.
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Fig. 2: The predicted LO differential cross section dσpp/dyd2pT for inclusive neutral pion and charged hadron
production at midrapidity y = 0 in p + p (p̄ + p) reactions is shown for

√
s = 17, 200, and 5500 GeV. The ratio of

neutral pions to inclusive charged hadrons versus pT is given in the right panel.

In Fig. 2 the predicted transverse momentum distribution of neutral pions and inclusive charged
hadrons is shown, corresponding to the quadratic in ln s fit toKNLO for energies typical of SPS, RHIC,
and the LHC. The significant hardening of the spectra with

√
s has two important consequences for p+A

4

Figure 1.9: Left:The predicted LO differential cross section for inclusive neu-
tral pions and charged particle production at mid-rapidity y = 0
in pp collision for

√
s = 17, 200 and 500GeV.Right:The ratio of

neutral pions to inclusive charged hadrons as function of trans-
verse momentum pT [11]

1.4.5 Energy Loss of Parton in QGP[12]

In heavy ion collisions at RHIC and LHC energies, we have seen the results that the particle yield
in high pT region is suppressed compared with the yield of pp collision. The cause is considered
that inside partons of jet lost their energy by several effects. We can describe amount of energy
loss of a parton using parton position l,path length L, scattering probability density dP (l)/dl
and mean free path λ in general,

∆E =
∫ L

0
dl
dP (l)
dl

λ(l)
dE(l, E)

dl
,
dP (l)
dl

=
1
λ(l)

exp(−l/λ(l)). (1.35)

It is considered that there are two mechanisms.The first one is collisional energy loss when the
parton lose their energy colliding constituents partons of QGP. Latter one is radiative energy
loss when the parton radiate gluons.

Thus,Eq.1.35 can be describe by sum of energy loss as follows.

∆E = ∆Ecollisional + ∆Eradiative (1.36)



28 CHAPTER 1. INTRODUCTION

Collisional Energy Loss

The collisional energy loss due to elastic scattering with high-momentum transfer has been orig-
inally estimated by Bjorken as following.

dEcollisional

dl
=

1
4Tλσ

∫ tmax

µ2
D

dt
dσ

dt
dt (1.37)

dσ

dt
≈ C

2πα2
s(t)
t2

E2

E2 −m2
p

(1.38)

where µ2
D(T ) ≈ 4παsT

2(1 + Nf/6) is Debye screening mass squared and tmax = [s − (mp +
m0)][s− (mp −m0)2]/s is maximum momentum transfer with s = 2m0E +m2

0 +m2
p.In fact, the

energy loss also has effects due to elastic scattering with low momentum transfer.However the
process does not contribute much to the total collisional loss in compared with high-momentum
scattering (due to absence of large factor ∼ ln(E/µD) where µD is the Debye screening mass).
According to a simple estimation[13], scattering angle of thermalized particle as function of
transfer momentum squared can be given by,

θQ = tan−1(
2m0√
Q

). (1.39)

Radiative Energy Loss

Here are amount of energy loss in unit pass length by massless gluon radiation estimated by
BDMS framework.

dEradiative

dl
=

2αs(µ2
D)CR

πL

∫ E

ωmin

dω[1 − y +
y2

2
] ln | cos(ω1τ1)| (1.40)

ω1 =

√
i(1 + −y +

CR

3
y2)κ̄ ln

16
κ̄
, κ̄ =

µ2
Dλg

ω(1 − y)
(1.41)

In the BDMS frameworks, the strength of multiple scattering is characterized by the transport
coefficient q̂ = µ2

D/λg where λg is mean free path of gluons.In principle mean free pass can be
given by λ = 1/ρσ(ρ ∼ dNg/dy in GLV framework[14], ∝ T3 in BDMS framework[15]). So
energy loss by gluon radiation strongly related to properties of QGP. It also means,if energy loss
correlate with pass length we can have knowledge of properties of QGP using jet modification
as probe. If gluon emission lead to gauss function, angular spectrum of emitted gluon given by
[13],

dNg

dθ
∝ sin θ exp(−(θ − θ0)2

2θ2
0

) (1.42)

where θ0 is σ of gaussian.
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Probe of Energy Loss

Because of energy loss of partons, momentum distribution of particles also modified. Then high
momentum particles looks re-distributed into low momentum particles. And if jet modification
has pass length dependence, energy of reconstructed jet also has pass length dependence so that
smearing of jet shape depends on pass length. In heavy ion collision, jets with small pass length
come from surface of QGP. So if we trigger shape jet, away-side jet should be strongly modified
due to trigger effects.

1.5 Experimental Results

Let we show current experimental results concerning jet modification before starting to describe
the motivation of the thesis. You will see the history and progression of jet modification mea-
surement in this section.

1.5.1 At RHIC

a) Suppression of High Momentum Particles (jet) 5
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FIG. 3: RAA(pT ) measured in central Au+Au at √sNN = 200 GeV
for η, π0 [8, 9] and direct γ [25]. The error bars include all point-
to-point errors. The error bands at RAA = 1 have the same meaning
as in Fig. 2. The baseline p+p → γ+X reference used is a NLO
calculation [25, 30], that reproduces our own data well [31], with
theoretical uncertainties indicated by the dash-dotted lines around
the points. The solid yellow curve is a parton energy loss prediction
for a medium with density dNg/dy= 1100 [16].

= 4 – 14 GeV/c, independent of their mass (note that the η is
four times heavier than the π0). The results are in agreement
with expectations of in-medium non-Abelian energy loss of
the parent parton prior to its fragmentation in the vacuum. The
initial gluon densities needed to quench the high-pT hadrons
by such an amount are of the order of dNg/dy = 1100 (solid
curve in Fig. 3) [16].
An additional way to determine possible differences in the

suppression pattern of π0 and η is to study the centrality de-
pendence of the η/π0 ratio in Au+Au collisions and com-
pare it with the ratio in more elementary systems (e+e−, p+p,
d+Au). The η/π0 ratio in hadron-hadron, hadron-nucleus and
nucleus-nucleus collisions is seen to increase rapidly with pT
and flatten out above pT ≈ 2.5 GeV/c at an asymptotically
constant Rη/π0 ≈ 0.5 for all systems [27]. Likewise, in e+e−

at the Z pole (
√
s = 91.2 GeV) one also finds Rη/π0 ≈ 0.5 for

η and π0 at large scaled momenta xp = phadron/pbeam ! 0.3 –
0.7 [27] consistent with the range of fractional momenta 〈z〉
relevant for high-pT production discussed here. It is interest-
ing to test if this ratio is modified in any way by final- and/or
initial-state medium effects in Au+Au collisions at RHIC.
Figure 4 shows Rη/π0(pT ) for three Au+Au centrality selec-

tions and for p+p and d+Au collisions [27]. A fit to a constant
for pT > 2 GeV/c gives RAuAu0−20%

η/π0
= 0.40 ± 0.04, RdAuMB

η/π0
=

0.47± 0.03 and Rpp
η/π0

= 0.48± 0.03, where the quoted errors
are the quadratic sum of statistical and systematic uncertain-
ties. The Au+Au ratio is consistent within ∼ 1σ with both
the essentially identical d+Au and p+p ratios. The Rη/π0 ra-
tio shows thus no apparent collision system, centrality, or pT
dependence. The dotted curve is the predicted PYTHIA [32]
result for the p+p ratio at

√
s = 200 GeV which is also co-
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FIG. 4: η/π0 ratio in Au+Au (centralities: 0-20%, 20-60%, 60-92%)
compared to the ratio in p+p and d+Au [27] at √sNN = 200 GeV. The
error bars include all point-to-point errors that do not cancel in the
ratio of yields. The dashed curve is the PYTHIA [32] prediction for
p+p at

√
s = 200 GeV consistent with the asymptotic Rη/π0 ≈ 0.5

measured in hadronic and e+e− collisions in a wide range of c.m.
energies [27].

incident with the world data measured in the same momen-
tum range in hadronic, nuclear, and e+e− collisions in a wide
range of energies (

√
s≈ 3 – 1800 GeV) [27].

In summary, the transverse momentum spectra of ηmesons
have been measured at mid-rapidity in the range pT = 2–
10 GeV/c in Au+Au at√sNN = 200 GeV. The invariant yields
per nucleon-nucleon collision are increasingly depleted with
centrality in comparison to p+p results at the same center-of-
mass energy. The maximum suppression factor is ∼5 in cen-
tral Au+Au. The magnitude, pT , and centrality dependences
of the suppression are the same for η and π0 suggesting that
the production of light neutral mesons at large pT in nuclear
collisions at RHIC is affected by the medium in the same way.
The measured η/π0 ratio is flat with pT and amounts to Rη/π0

= 0.40± 0.04. This value is consistent with the world value at
high-pT in hadronic and nuclear reactions and, at high xp, in
e+e− collisions. We conclude that all these observations are in
agreement with a scenario where the parent parton first loses
energy in the produced dense medium and then fragments into
a leading meson in the vacuum according to the same proba-
bilities that govern high-pT hadroproduction in more elemen-
tary systems (p+p, e+e−).
We thank the staff of the Collider-Accelerator and Physics

Departments at BNL for their vital contributions. We ac-
knowledge support from the Department of Energy and NSF
(U.S.A.), MEXT and JSPS (Japan), CNPq and FAPESP
(Brazil), NSFC (China), CNRS-IN2P3 and CEA (France),
BMBF, DAAD, and AvH (Germany), OTKA (Hungary), DAE
and DST (India), ISF (Israel), KRF and CHEP (Korea),
RMIST, RAS, and RMAE (Russia), VR and KAW (Sweden),
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Figure 1.10: Nuclear modification factor RAA as function of pT for η, π0

and γ in central collision of Au+Au collision at
√
sNN =

200GeV/c[16]. The solid yellow curve is a parton energy loss
prediction for a medium with density dNg/dy = 1100

Manifestation of the characteristic energy loss of parton is

a) Suppression of high momentum particles (jet)
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b) Loss of away-side jet

In the beginning of jet modification measurements,suppression of particle production in high
momentum region were measured with experiments at the RHIC. Fig.1.10 provides us yield ratio
for neutral π,η mesons and direct γ which is measured in Au+Au collisions with respect to
the yield measured in pp collisions called RAA. The definition of RAA of particle species h is
following.

Rh
AA(pT , b) ≡

dNAA→h+X

d2pT

Nbin(b)dNpp→h+X

d2pT

(1.43)

Direct γ in high pT range are produced by scattering process with high momentum process
like as jet. However γ has no color charge, so they are not sensitive to interaction with matter
which is constituents of QGP. On the other hands, neutral π meson produced by partons via
hadronization characterized by fragmentation function. But Coulomb effects are minimized after
the hadronization because the π0 mesons has no charge. As far as we see Fig.1.10 the yield of
π0 of Au+Au is suppressed compared with pp collisions scaled by number of collisions. The
fact indicates that π0 production is affected by some effects before hadronization like as parton
interaction in hot/dense matter.

b) Loss of Away-Side Jet

Fig1.11 shows us associated charged particle yield as function of azimuthal direction with respect
to trigger particle which is measured at STAR experiment. In bottom figure of Fig.1.11, it is
compared that particle yield from pp,d+Au and Au+Au collisions.Around near-side to trigger
particle, there are no drastic modification, however, in away-side from trigger particle we can see
strong yield suppression in Au+Au collisions compared with the other.It is considered that this
modification also come from jet modification effects, in near-side surface bias in trigger particle
due to jet modification should contain, so near side peak looks almost same as the peak from pp
collisions. In contrast, associate particles distributions are constrained by trigger particle, then
yield from Au+Au suppress strongly.

Several results were measured which indicate strong modification in high momentum particle
region due to jet modification. However, they could not measure jet directory because of low
statistics due to collision energy. From end of 2010, LHC start circulate heavy ion. At LHC
energy,we can reconstruct jets with fine resolution and efficiency and we are in new stage for
these kind of measurements.



1.5. EXPERIMENTAL RESULTS 31

5

0

0.1

0.2 d+Au FTPC-Au 0-20%

d+Au min. bias

0

0.1

0.2 p+p min. bias

Au+Au central

1
/N

tr
ig

g
e

r 
d
N

/d
(∆

φ)

∆φ (radians)
0 π/2 π

(a)

(b)

 h++h-

FIG. 4: (a) Efficiency corrected two-particle azimuthal dis-
tributions for minimum bias and central d+Au collisions, and
for p+p collisions[6]. Curves are fits using Eq. 3, with pa-
rameters given in Table I. (b) Comparison of two-particle
azimuthal distributions for central d+Au collisions to those
seen in p+p and central Au+Au collisions [6]. The respective
pedestals have been subtracted.

TABLE I: Fit parameters from Eq. 3. Errors are statistical
only.

p+p min. bias d+Au min. bias d+Au central

AN 0.081±0.005 0.073±0.003 0.067±0.004

σN 0.18±0.01 0.20±0.01 0.22±0.02

AB 0.119±0.007 0.097±0.004 0.098±0.007

σB 0.45±0.03 0.48±0.02 0.51±0.03

P 0.008±0.001 0.039±0.001 0.052±0.002

trality dependence [14]. Figure 3 also shows RAB(pT ) for
central Au+Au collisions[5], exhibiting large suppression
in hadron production at high pT .

Figure 4(a) shows the two-particle azimuthal distribu-
tion D(∆φ), defined as

D(∆φ) ≡
1

Ntrigger

1

ε

dN

d(∆φ)
, (2)

for minimum bias and central d+Au collisions, and for
p+p collisions[6]. Only particles within |η|<0.7 are in-
cluded in the analysis. Ntrigger is the number of particles
within 4<pT (trig)<6 GeV/c, referred to as trigger parti-
cles. The distribution results from the correlation of each
trigger particle with all associated particles in the same
event having 2 < pT < pT (trig), where ε is the tracking
efficiency of the associated particles. The normalization
uncertainties are less than 5%.

The azimuthal distributions in d+Au collisions include

a near-side (∆φ ∼ 0) peak similar to that seen in p+p and
Au+Au collisions [6] that is typical of jet production, and
a back-to-back (∆φ ∼ π) peak similar to that seen in p+p
and peripheral Au+Au collisions [6] that is typical of di-
jet events. The azimuthal distributions are characterized
by a fit to the sum of near-side (first term) and back-to-
back (second term) Gaussian peaks and a constant:

D(∆φ) = AN
e−(∆φ)

2/2σ2

N

√
2πσN

+AB
e−(|∆φ|−π)

2/2σ2

B

√
2πσB

+P. (3)

Fit parameters are given in Table I. Their systematic
uncertainties are highly correlated between the data sets,
and are less than 20% for σN and less than 10% for all
other parameters. The only large difference in the az-
imuthal distributions in p+p and d+Au collisions is the
growth of the pedestal P . It increases with increasing
〈Nbin〉, but is not proportional to 〈Nbin〉 as might be ex-
pected for incoherent production. Both σN and σB ex-
hibit at most a small increase from p+p to central d+Au
collisions. A small growth in σB is expected to result
from initial-state multiple scattering [24, 25]. The mod-
est reduction in the correlation strengths AN and AB

from p+p to central d+Au collisions is similar to that
seen previously for peripheral Au+Au collisions [6].

Figure 4(b) shows the pedestal-subtracted azimuthal
distributions for p+p and central d+Au collisions.
The azimuthal distributions are shown also for central
Au+Au collisions after subtraction of the elliptic flow
and pedestal contributions [6]. The near-side peak is sim-
ilar in all three systems, while the back-to-back peak in
central Au+Au shows a dramatic suppression relative to
p+p and d+Au.

The contrast between d+Au and central Au+Au col-
lisions in Figs. 3 and 4 indicates that the cause of the
strong high pT suppression observed previously is asso-
ciated with the medium produced in Au+Au but not in
d+Au collisions. The suppression of the inclusive hadron
yield at high pT in central Au+Au collisions has been
discussed theoretically in various approaches (see [5] for
references). Measurements of central Au+Au collisions
[5] are described both by pQCD calculations that incor-
porate shadowing, the Cronin effect, and partonic energy
loss in dense matter, and by a calculation extending the
saturation model to high momentum transfer. However,
predictions of these models differ significantly for d+Au
collisions. Due to the Cronin effect, pQCD models pre-
dict that RAB(pT )>1 within 2<pT <6 GeV/c for mini-
mum bias d+Au collisions, with a peak magnitude of 1.1-
1.5 in the range 2.5<pT <4 GeV/c [11]. The enhancement
is expected to be larger for central collisions [12]. The
saturation model calculation in [7] predicts RAB(pT )<1,
with larger suppression for more central events, achieving
RAB(pT )∼ 0.75 for the 20% most central collisions. In
contrast, another saturation model calculation [15] gener-
ates an enhancement in RAB(pT ), similar to the Cronin

Figure 1.11: (a) Two-particle azimuthal distributions for minimum bias and
central d+Au collisions and for pp collisions (b)Comparison of
two-particle azimuthal distributions for central Au+Au colli-
sions and d+Au collisions and pp collisions [17]

1.5.2 At LHC

The experiments at LHC started direct measurements for jet and jet modification. The clear
unbalances di-jet which is reconstructed with CMS detector is shown in Fig.1.12. The figure shows
transverse energy for all particles in φ− η plane.They can reconstruct both of charged particles
and neutral particles(including photon), the also can reconstruct full jet using all particles.We
can see sharp peak with huge transverse energy as leading jet and small peak compared with
leading jet energy at opposite side in azimuthal direction.
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FIG. 1. (Color online) Example of an unbalanced dijet in a PbPb collision event at
√

s
NN

= 2.76 TeV. Plotted is the summed transverse
energy in the electromagnetic and hadron calorimeters vs η and φ, with the identified jets highlighted in red, and labeled with the corrected jet
transverse momentum.

The data provide information on the evolution of the dijet
imbalance as a function of both collision centrality (i.e.,
the degree of overlap of the two colliding nuclei) and the
energy of the leading jet. By correlating the dijets detected
in the calorimeters with charged hadrons reconstructed in the
high-resolution tracking system, the modification of the jet
fragmentation pattern can be studied in detail, thus providing
a deeper insight into the dynamics of the jet quenching
phenomenon.

The paper is organized as follows: The experimental
setup, event triggering, selection and characterization, and jet
reconstruction are described in Sec. II. Section III presents the
results and a discussion of systematic uncertainties, followed
by a summary in Sec. IV.

II. EXPERIMENTAL METHOD

The CMS detector is described in detail elsewhere [29]. The
calorimeters provide hermetic coverage over a large range of
pseudorapidity |η| < 5.2, where η = − ln[tan(θ/2)] and θ is
the polar angle relative to the particle beam. In this study, jets
are identified primarily using the energy deposited in the lead-
tungstate crystal electromagnetic calorimeter (ECAL) and the
brass and scintillator hadron calorimeter (HCAL) covering
|η| < 3. In addition, a steel and quartz-fiber Cherenkov
calorimeter, called hadron forward (HF), covers the forward ra-
pidities 3 < |η| < 5.2 and is used to determine the centrality of
the PbPb collision. Calorimeter cells are grouped in projective
towers of granularity in pseudorapidity and azimuthal angle
given by $η × $ϕ = 0.087 × 0.087 at central rapidities,
having a coarser segmentation approximately twice as large
at forward rapidities. The central calorimeters are embedded
in a solenoid with 3.8 T central magnetic field. The event
display shown in Fig. 1 illustrates the projective calorimeter

tower granularity over the full pseudorapidity range. The CMS
tracking system, located inside the calorimeter, consists of
pixel and silicon-strip layers covering |η| < 2.5, and provides
track reconstruction down to pT ≈ 100 MeV/c, with a track
momentum resolution of ∼1% at pT = 100 GeV/c. A set
of scintillator tiles, the beam scintillator counters (BSC), are
mounted on the inner side of the HF calorimeters for triggering
and beam-halo rejection. CMS uses a right-handed coordinate
system, with the origin located at the nominal collision point
at the center of the detector, the x axis pointing toward the
center of the LHC ring, the y axis pointing up (perpendicular
to the LHC plane), and the z axis along the counterclockwise
beam direction. The detailed Monte Carlo (MC) simulation of
the CMS detector response is based on GEANT4 [30].

A. Data samples and triggers

The expected cross section for hadronic inelastic PbPb
collisions at

√
s

NN
= 2.76 TeV is 7.65 b, corresponding to

the chosen Glauber MC parameters described in Sec. II C.
In addition, there is a sizable contribution from large impact
parameter ultra-peripheral collisions (UPCs) that lead to the
electromagnetic breakup of one or both of the Pb nuclei [31].
As described later, the few UPC events which pass the online
event selection are removed in the offline analysis.

For online event selection, CMS uses a two-level trigger
system: level-1 (L1) and high level trigger (HLT). The events
for this analysis were selected using an inclusive single-jet
trigger that required a L1 jet with pT > 30 GeV/c and a HLT
jet with pT > 50 GeV/c, where neither pT value was corrected
for the pT-dependent calorimeter energy response discussed in
Sec. II D. The efficiency of the jet trigger is shown in Fig. 2(a)
for leading jets with |η| < 2 as a function of their corrected pT.
The efficiency is defined as the fraction of triggered events out
of a sample of minimum bias events (described below) in bins
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Figure 1.12: Example of an unbalanced di-jet in a Pb-Pb collision event at
√
sNN = 2.76 [18]

a) Suppression of High Momentum Particles (jet)

At LHC, we have sufficient statistics of jet to measure jet suppression instead of particle suppres-
sion as we see in Fig.1.10. Fig.1.13 shows nuclear modification factor of jets which is measured
by CMS. As same as suppression of particle production, jet production also strongly suppressed
in central collision in particular.

10 5 Analysis and results
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Figure 7: Jet RAA in different effective cone sizes for anti-kT jets using the Bayesian unfolding
method for the given centrality bins. The vertical lines indicate uncorrelated statistical uncer-
tainty, and the wide band the systematic uncertainty for Bayesian unfolding R=0.3. The green
box above 300 GeV/c represents the overall combined uncertainty from TAA and luminosities.

Figure 1.13: Centrality dependence of jet Jet RAA for different cone size
with anti-kT algorithm [19]
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b) Loss of Away-Side Jet
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sees that indeed the momentum balance of the events, shown
as solid circles, is recovered within uncertainties, for both
centrality ranges and even for events with large observed dijet
asymmetry, in both data and simulation. This shows that the
dijet momentum imbalance is not related to undetected activity
in the event due to instrumental (e.g., gaps or inefficiencies in
the calorimeter) or physics (e.g., neutrino production) effects.

The figure also shows the contributions to 〈"p‖
T〉 for five

transverse momentum ranges from 0.5–1 GeV/c to pT >
8 GeV/c. The vertical bars for each range denote statistical
uncertainties. For data and simulation, a large negative
contribution to 〈"p‖

T〉 (i.e., in the direction of the leading jet)
by the pT > 8 GeV/c range is balanced by the combined
contributions from the 0.5–8 GeV/c regions. Looking at the
pT < 8 GeV/c region in detail, important differences between
data and simulation emerge. For PYTHIA + HYDJET both
centrality ranges show a large balancing contribution from the
intermediate pT region of 4–8 GeV/c, while the contribution
from the two regions spanning 0.5–2 GeV/c is very small. In
peripheral PbPb data, the contribution of 0.5–2 GeV/c tracks
relative to that from 4–8 GeV/c tracks is somewhat enhanced
compared to the simulation. In central PbPb events, the relative
contribution of low and intermediate-pT tracks is actually
the opposite of that seen in PYTHIA + HYDJET. In data, the
4–8 GeV/c region makes almost no contribution to the overall
momentum balance, while a large fraction of the negative
imbalance from high pT is recovered in low-momentum tracks.

The dominant systematic uncertainty for the pT balance
measurement comes from the pT-dependent uncertainty in
the track reconstruction efficiency and fake rate described in
Sec. III B. A 20% uncertainty was assigned to the final result,
stemming from the residual difference between the PYTHIA
generator level and the reconstructed PYTHIA + HYDJET tracks
at high pT. This is combined with an absolute 3 GeV/c
uncertainty that comes from the imperfect cancellation of the
background tracks. The background effect was cross checked
in data from a random cone study in 0%–30% central events
similar to the study described in Sec. III B. The overall
systematic uncertainty is shown as brackets in Figs. 14 and 15.

Further insight into the radial dependence of the momentum
balance can be gained by studying 〈"p‖

T〉 separately for tracks
inside cones of size !R = 0.8 around the leading and
subleading jet axes, and for tracks outside of these cones.
The results of this study for central events are shown in Fig. 15
for the in-cone balance and out-of-cone balance for MC and
data. As the underlying PbPb event in both data and MC is
not φ symmetric on an event-by-event basis, the back-to-back
requirement was tightened to !φ12 > 5π/6 for this study.

One observes that for both data and MC an in-cone
imbalance of 〈"p‖

T〉 ≈ −20 GeV/c is found for the AJ > 0.33
selection. In both cases this is balanced by a corresponding
out-of-cone imbalance of 〈"p‖

T〉 ≈ 20 GeV/c. However, in
the PbPb data the out-of-cone contribution is carried almost
entirely by tracks with 0.5 < pT < 4 GeV/c, whereas in MC
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FIG. 15. (Color online) Average
missing transverse momentum 〈"p‖

T〉 for
tracks with pT > 0.5 GeV/c, projected
onto the leading jet axis (solid circles).
The 〈"p‖

T〉 values are shown as a function
of dijet asymmetry AJ for 0%–30%
centrality, inside (!R < 0.8) one of the
leading or subleading jet cones (left-
hand side) and outside (!R > 0.8)
the leading and subleading jet cones
(right-hand side). For the solid circles,
vertical bars and brackets represent the
statistical and systematic uncertainties,
respectively. For the individual pT

ranges, the statistical uncertainties are
shown as vertical bars.
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Figure 1.14: Average missing transverse momentum < p/

||
T > for tracks with

pT > 0.5 GeV/c, projected onto the leading jet axis (solid cir-
cles). The < p/

||
T > values are shown as a function of di-jet

asymmetryAJ for 0%−30% centrality, inside (∆R < 0.8) one of
the leading or subleading jet cones (left- hand side) and outside
(∆R > 0.8) the leading and subleading jet cones (right-hand
side). For the solid circles, vertical bars and brackets represent
the statistical and systematic uncertainties, respectively. For
the individual pT ranges, the statistical uncertainties are shown
as vertical bars.

The results in Fig.1.14 are also from CMS experiment. These figure shows average missing
transverse momentum (< p/

||
T >) as function of di-jet momentum asymmetry(Aj = (plead

T −
psub−lead

T )/(plead
T + psub−lead

T ). Missing transverse momentum is given by

p/
||
T =

∑
i

−pi
T cos(φi − φleading−jet). (1.44)
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Two event set were use for the measurement,one is data of Pb-Pb collision at
√
sNN = 2.76

TeV and PYTHIA jet embedded HYDJET Monte Carlo event anchored the data. In latter event
set don’t consider jet modification effects and other un-expected effects. So in principle, we can
see jet modification effects comparing the results of two event set. And they focus on the missing
energy in the region close to jet axis (∆R(track-jet)) and other region. By doing so, we can
compare how much energy missing in jet and how re-distribute to out of jet.

There are no much difference in left two figure, but you see drastic difference in right two
figure. These figure tell us in away-side of leading jet direction, production of high momentum
particles are suppress and the energy re-distributed to low-momentum particles production. This
results consistent with the picture which Fig.1.11 shows. 4
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FIG. 3: (top) Dijet asymmetry distributions for data (points) and unquenched HIJING with superimposed PYTHIA dijets
(solid yellow histograms), as a function of collision centrality (left to right from peripheral to central events). Proton-proton
data from

p
s = 7 TeV, analyzed with the same jet selection, is shown as open circles. (bottom) Distribution of ��, the

azimuthal angle between the two jets, for data and HIJING+PYTHIA, also as a function of centrality.

(asymmetries larger than 0.6 can only exist for leading
jets substantially above the kinematic threshold of 100
GeV transverse energy). The �� distributions show that
the leading and second jets are primarily back-to-back in
all centrality bins; however, a systematic increase is ob-
served in the rate of second jets at large angles relative
to the recoil direction as the events become more central.

Numerous studies have been performed to verify that
the events with large asymmetry are not produced by
backgrounds or detector e↵ects. Detector e↵ects primar-
ily include readout errors and local acceptance loss due to
dead channels and detector cracks. All of the jet events
in this sample were checked, and no events were flagged
as problematic. The analysis was repeated first requiring
both jets to be within |⌘| < 1 and |⌘| < 2, to see if there
is any e↵ect related to boundaries between the calorime-
ter sections, and no change to the distribution was ob-
served. Furthermore, the highly-asymmetric dijets were
not found to populate any specific region of the calorime-
ter, indicating that no substantial fraction of produced
energy was lost in an ine�cient or uncovered region.

To investigate the e↵ect of the underlying event, the
jet radius parameter R was varied from 0.4 to 0.2 and
0.6 with the result that the large asymmetry was not re-
duced. In fact, the asymmetry increased for the smaller
radius, which would not be expected if detector e↵ects
are dominant. The analysis was independently corrobo-
rated by a study of “track jets”, reconstructed with ID
tracks of p

T

> 4 GeV using the same jet algorithms. The
ID has an estimated e�ciency for reconstructing charged

hadrons above p

T

> 1 GeV of approximately 80% in the
most peripheral events (the same as that found in 7 TeV
proton-proton operation) and 70% in the most central
events, due to the approximately 10% occupancy reached
in the silicon strips. A similar asymmetry e↵ect is also
observed with track jets. The jet energy scale and under-
lying event subtraction were also validated by correlating
calorimeter and track-based jet measurements.
The missing E

T

distribution was measured for mini-
mum bias heavy ion events as a function of the total E

T

deposited in the calorimeters up to about ⌃E
T

= 10 TeV.
The resolution as a function of total E

T

shows the same
behavior as in proton-proton collisions. None of the
events in the jet selected sample was found to have an
anomalously large missing E

T

.
The events containing high-p

T

jets were studied for the
presence of high-p

T

muons that could carry a large frac-
tion of the recoil energy. Fewer than 2% of the events
have a muon with p

T

> 10 GeV, potentially recoiling
against the leading jet, so this can not explain the preva-
lence of highly asymmetric dijet topologies in more cen-
tral events.
None of these investigations indicate that the highly-

asymmetric dijet events arise from backgrounds or
detector-related e↵ects.
In summary, first results are presented on jet recon-

struction in lead-lead collisions, with the ATLAS detector
at the LHC. In a sample of events with a reconstructed
jet with transverse energy of 100 GeV or more, an asym-
metry is observed between the transverse energies of the

Figure 1.15: (top) Di-jet asymmetry distributions for data (points) and un-
quenched HIJING with superimposed PYTHIA di-jets (solid
yellow histograms), as a function of collision centrality (left
to right from peripheral to central events). Proton-proton
data from

√
s = 7 TeV, analyzed with the same jet selec-

tion, is shown as open circles. (bottom) Distribution of ∆φ,
the azimuthal angle between the two jets, for data and HI-
JING+PYTHIA, also as a function of centrality [20]

If jets are wider by jet modification, reconstructed energy should be smaller and di-jet axis
open angle should be larger. Fig.1.15 shows di-jet asymmetry distribution (top) and di-jet
open angle distribution. In top figure, Aj is larger with centrality and difference between close
point and open point is also larger with centrality. That conform away-side jets with respect to
leading jet loss their energy(momentum). The reason is, if jets are wider due to jet modification,
reconstructed momentum should be smaller with respect to narrow jets.
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In experiments at LHC started measurements for jet modification jet by jet. We got same ten-
dency of jet modification results which were measured at RHIC. However energy re-distribution
in jet itself is still unknown, and we could not see jet modification effects in particle which
distribute in away-side as same as in near-side because < p/

||
T > shows us momentum balance

of triggers di-jet event. To investigate particle(energy) re-distribution by jet modification, new
analysis method is needed. And we have to measure same kind of effects in the momentum range
between RHIC and ATLAS, CMS.

1.6 Thesis Motivation

In this chapter, we reviewed the results which revealed jet modification effects at RHIC and
LHC energy. The results indicated that jet production is suppressed and missed energy of high
energy particles re-distributed into the energy to produce low momentum particles. And the
results also indicate that it is pass length dependence in jet modification. Here are summary of
the knowledge we have from the results.

• Jet and high momentum particles production are suppressed

• Away-side peaks looks loosing their energy. That indicate jet modification has pass length
dependence.

• Missing energy of high momentum particles redistribute to the energy to produce low
momentum particles in out-of cone region

At RHIC energy, it is measured yield ratio of particles in nuclear-nuclear collisions with
respect to proton-proton collisions and away-side yield modification in two particle correlations.
These results give us knowledge of jet modification, however , it is difficult to reconstruct jets
due to collision energy. Therefor we can not extract information of jet modification directory.

At LHC energy, it is analyzed associated particle distribution with jet axis. Then we can
know detail of relation of jet and particle distribution affected by jet modification. However
to reduce effects which uncorrelated to jet like elliptic flow, CMS measured missing energy in
di-jet event. Therefor we lose information of inside of jet affected jet modification. In particular
information of particle re-distribution for each leading jet and sub-leading jet. And we also lose
angle information of broadening of re-distributed particles.

As we had seen theory of jet modification, angle information is one of important observable
because that correlated to gluon emission angle and scattered angle related to jet modification
described by Eq.1.39 and Eq.1.42. To understand picture of jet modification, we need to know
particle re-distribution with spread angle information. For the reason, we established the method
of azimuthal correlation between jet and charged particles. To measure jets modification, we
need to subtract background energy precisely. So we also established the method of background
subtraction which take into account elliptic flow and triangular flow.

In this thesis, we present measurements of particle distribution in jet for Pb-Pb collisions
and pp collisions using jet-particle azimuthal correlation. Then we draw out information of
particle re-distribution with angle comparing the particle distribution of Pb-Pb collisions and pp
collisions. Then we will discuss concerning concrete pictures in jet modification and their pass
length dependence from the results of particle distribution.



Chapter 2

Experimental Apparatus

As seen in previous chapter, heavy ion collision is a unique method for research of hot/dense
matter like as QGP. The ALICE detector is composed by multiple detectors for several physi-
cal purpose to study QGP. In this chapter we describe the overview of the Large-Hadron Col-
lider(LHC) and purpose of each detectors with their detector performance. In this measurements,
we use SPD which is innermost detector of ITS and VZERO detector as detector for online event
trigger. We also use ZDC to apply timing cuts in offline for Pb-Pb collisions. For reconstruction
of charged tracks, we use ITS and TPC in central barrel.

2.1 Large Hadron Collider[21]

Figure 2.1: Aerial view of LHC
ring

Figure 2.2: LHC and pre-accelerators

A Large Hadron Collider (LHC)[22] is located CERN laboratory over border between Switzer-
land and France. The LHC was built for particle and nuclear physics with the highest energy in
the world on the tunnel of LEP ring. The LHC has two rings which length is 27km go the opposite
direction each other. And LHC has two pre-accelerators called Super Proton Synchrotron(SPS )
and Proton Synchrotron(PS) to accelerate nucleon and nuclear to the LHC injection energy. The
LHC was designed that it can run at

√
s = 14 TeV for proton-proton collision and

√
sNN = 5.5

36
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TeV for lead-lead collision at the maximum energy.
The first beam were circulated successfully on 10th September 2008. It was started physics

run for proton-proton collision since 2009 after long shutdown to investigate and fix electri-
cal problem on the magnets at the previous year runs. Then physics run for Pb-Pb collision
started since end of 2010. LHC has two huge experiments ATLAS[23], CMS[24] and two middle
experiments ALICE, LHCb[25].

Table2.1 provide summary of parameters nominal proton beam operation. LHC can be filled
banshees 25ns steps in full bunches operation. And LHC can accelerate proton to 7TeV from
injection energy 450GeV.

Table 2.1: LHC beam parameters relevant for the luminosity lifetime [21]
Injection Collision

Beam Data
Proton Energy [GeV] 450 7000
Relativistic gamma 479.6 7461
Number of particles per bunch 1.15 × 1011

Number of bunches 2808
Longitudinal emittance (4σ) [eVs] 1.0 2.5
Transverse normalized emittance [µm rad] 3.5 3.75
Circulating beam current [A] 0.582
Stored energy per beam [MJ] 23.3 362

Peak Luminosity Related Data
RMS bunch length [cm] 11.24 7.55
RMS beam size at the IP1 and IP5 [µm] 375.2 16.7
RMS beam size at the IP2 and IP8 [µm] 279.6 70.9
Geometric luminosity reduction factor F - 0.836
Peak luminosity in IP1 and IP5 [cm−2sec−1] - 1.0 × 1034

Peak luminosity per bunch crossing in IP1 and IP5 [cm−2sec−1] - 3.56 × 1030

Fig.2.3 provide integrated luminosity of pp collisions at
√
s = 7 TeV and Pb-Pb collisions

at
√
sNN = 2.76 TeV which is token in 2010. The red point lower than the other. The other

experiments use silicon detectors as tracking system with high speed readout. But ALICE use
a type of drift chamber to reconstruct charged track called TPC. In particular, the rate of data
taking in ALICE is limited by recording rate of TPC. Because the TPC of ALICE use multi-wire
proportional chamber(MWPC) as readout, it’s not enough to use gating to reduce ion back flow
during high rate pp collisions of LHC provide. However we are going to update readout of TPC
from MWPC to Gas Electron Multiplier(GEM). If the updating succeed, we can take data with
more high rate.
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Figure 2.3: Left : Integrated Luminosity of pp collisions at
√
s = 7

TeV in 2010,Right:Integrated Luminosity of Pb-Pb collisions at
√
sNN = 2.76 TeV in 2010

2.2 ALICE detector overview

Figure 2.4: Overview of ALICE detector

A Large Ion Collider Experiment(ALICE) was build as general-purpose detector for measure-
ments of ultra relativistic heavy ion collision at LHC. So ALICE was optimized to be capable
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of measuring thermal bulk properties.Especially ALICE has advantages in charge particle recon-
struction with particle identify in very low momentum region ∼100MeV compared with ATLAS
and CMS for measurements of Pb-Pb collision. Table2.2 provide us over view geometrical prop-
erties of sub-detectors of ALICE detector. In latter section we will describe more detail of
sub-detectors.As far as we can see on the table ALICE is not symmetrical detector to η direc-
tion. We call A-side the side beam pipe go to ATLAS site and C-side the other direction which
go to CMS site.

Table 2.2: ALICE detector overview
Detector Radius Rapidity Azimuthal Range Purpose

Global Detectors
T0 - −3.3 < η < −2.9 360◦ timing supply

4.5 < η < 5.0
V0 - −3.7 < η < −1.7 360◦ event trigger

2.8 < η < 5.1 event plane determination
centrality determination

ZDC - η ∼ −8.8 360◦ centrality determination
η ∼ 8.8

Central Detectors
ITS 4 < R < 44 cm −0.9 < η < 0.9 360◦ charged particle tracking

vertex reconstruction
TPC 90 < R < 250 cm −0.9 < η < 0.9 360◦ charged particle tracking
TRD 290 < R < 370 cm −0.9 < η < 0.9 360◦ electron identification
TOF 370 < R < 400 cm −0.9 < η < 0.9 360◦ hadron identification

EMCal 430 cm > R −0.7 < η < 0.7 110◦ determine particle energy
PHOS 460 cm > R −0.12 < η < 0.12 13◦ determine photon energy

HMPID 470 cm > R −0.6 < η < 0.6 57.6◦ high momentum particle identification
Forwared Detectors

FMD - −3.4 < η < −1.7 360◦ forward multiplicity determination
1.7 < η < 5.0

PMD - 1.8 < η < 2.6 360◦ photon multiplicity determination
MUON spectrometer - −4.0 < η < −2.5 360◦ forward muon detection

2.3 Magnets at ALICE

ALICE has two type of large magnets. First one is large solenoidal magnet called ALICE magnet
which was used at L3 experiment[26]. The magnet is operate to apply 0.5T in central barrel to
bend track of charged particles for particle identification. In ALICE magnet, we have tracking
detectors, PID detectors and calorimeters. The latter magnets is large dipole magnet which also
used at L3 experiment. The magnet concept has been elaborated in several design phases. A
first decision was taken in 1996 to opt for a magnet with room temperature coils. The dipole
magnet is located in middle of muon spectrometer and just after of ALICE magnet bricking
muon chambers after absorber. The magnet is used to bend track of muons.
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2.4 Global detectors

2.4.1 T0 [27]

The T0 detector consists a array of fine-mesh PMTs with 12 Cherenkov radiators for both side
A and C (see the detector for C-side in Fig.2.5). T0 at C-side locate very close to end cap of
ITS.But T0 at A-side locate a bit far from collision point. T0 detector is designed to get fast
timing with fine timing resolution (σ ∼ 50ps) signal for Level-0 trigger and reference time for
TOF in ALICE magnet(0.5T). In addition T0 signals are used as ”wake up signal” for TRD.
And the fast signal is used as start signal for PID by TOF and timing estimation of ZDC hit for
offline event trigger.

Figure 2.5: A photo of one module of T0 detector. The detector composed
by 12 Cherenkov radiators with photo multiplier

2.4.2 VZERO [27]

The V0 detector is located close to T0 detector of both side. The detector is composed of
scintillators(4rings,16sectors) arranged radially. It was designed for main functions of the detector
as following.

• To provide minimum-bias trigger for central barrel detectors in pp and Pb-Pb collisions.

• To determine centrality in Pb-Pb collisions

• To determine event plane in Pb-Pb collisions
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Figure 2.6: Overview of VZERO detector. The detector composed by scin-
tillators with PMT

To meet the requirements,it provide a high and uniform light signal from the one minimum-
ionization particle(MIP) with fine timing resolution(σ < 1ns). Trigger efficiency is over than
80%in pp collision and almost 100% in Pb-Pb collisions.

2.4.3 Zero Degree Calorimeter(ZDC) [28]

The ZDC is located far from interaction point(IP) over than 100m. The detector is built with
classical technics of calorimeter which composed of sandwich of lead and scintillator to measure
particle energy. By measuring energy of particles which didn’t contribute the collision, we can
suppose collision geometry. If we specify the energy of nucleons EA per nucleon and spectator
ES , we can have simple relation of number of interacting nucleons Np as following.

Np = A− ES/EA (2.1)

where A is the number of the ion.Then we can calculate number of participants in Glauber
framework as following.

Np(~b) =
∫
d2s{ATA(~s)[1 − (1 − σNTB(~b− ~s))B]

+BTB(~b− ~s)[1 − (1 − σNTA(~s))A]} (2.2)

where A,B are mass numbers of colliding nuclei and ” ~ ” means two-dimensional vector in
transverse plane. We can get impact parameter from relation of dropped energy in ZDC and
number of participants.The resolution of impact parameter of ALICE-ZDC is shown Fig.2.8
which is estimated by GEANT simulation.
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Figure 2.7: A photo of a super module of Zero Degree Calorimeter. The
detectors are a type of sandwich of lead and scintillator with
PMT

Figure 2.8: Resolution on the impact parameter for the ALICE ZDCs which
is estimated by GEAN simulation
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2.5 Central detectors

Fig.2.9 shows cross section view of central barrel. In mid-rapidity, we have many kind of detectors
for several physics purpose.Mainly, we need detectors for track reconstruction with fine resolution
and efficiency, particle identify and estimate energies of charged particles and photons. For
tracking, silicon tracking detector is located most inferrer in central barrel the 1st layer and 2nd
layer of ITS is used as trigger detector for minimum bias trigger as well as VZERO detectors. Just
outer of ITS, TPC cover whole azimuthal acceptance. The TPC is another main tracking system
to reconstruct with large solid angle. Then we have two kind of PID detectors called TRD and
TOF. In outermost layer, we have two type of calorimeter and ring imaging Cherenkov counter
for PID of high momentum particles.In the section, we will explain more detail of detectors in
central barrel.

Figure 2.9: A sketch of cross-section of ALICE central barrel from A-side. It
has ITS, TPC, TRD and TOF in inner cylinder, two calorimeters
and Cherenkov counter in outer

2.5.1 Inner Tracking System (ITS)[29]

As Fig.2.10 shows, the ITS has six silicon detectors for charged particle reconstruction with
excellent pointing resolution. The pair of each two layers called Silicon Pixel Detector(SPD),
Silicon Drift Detector(SDD) and Silicon Strip Detector(SSD) from IP. The rapidity range of most
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outer layer is |η| < 0.9, and of most inner layer is |η| < 1.75 for measurements of charged particle
multiplicity. In below, we will present results of simulated detector performance using FLUKA
with HINJING simulation for Pb-Pb collision.

38 Experimental setup

2.2.2 Inner Tracking System (ITS)

Figure 2.4: ALICE’s Inner Tracking System (ITS). The innermost part is Silicon Pixel
Detector (SPD), the part in the middle is Silicon Drift Detector (SDD), and the outer-
most part is Silicon Strip Detector (SSD).

The ALICE Inner Tracking System [29, 32] consists of 6 silicon layers, grouped in
three distinct groups of two layers forming three distinct detectors. The innermost
two silicon layers are composed of Silicon Pixel Detector (SPD), the third and fourth
layer consist of Silicon Drift Detector (SDD), and the outermost two layers are based on
Silicon Strip Detector (SSD), see Fig. 2.4. The ITS is placed inside the inner TPC radius
and it is the central barrel system closest to the interaction point and beam pipe (see
Fig. 2.2). The diameter of beam pipe is 6 cm, providing the lower physical boundary for
the innermost radius of ITS. On the other hand, the outermost radius of ITS is bounded
by the radius of innermost TPC volume (see Table 2.1 for the summary of the most
important sizes of three ITS’ detectors [29]).

Table 2.1: Dimensions of the ITS detectors.

Layer Type r (cm) ±z (cm)
1 pixel 3.9 14.1
2 pixel 7.6 14.1
3 drift 15.0 22.2
4 drift 23.9 29.7
5 strip 38.0 43.1
6 strip 43.0 48.9

The ITS is being used both for primary vertex reconstruction, with a resolution better
than 100 µm, and for the reconstruction of secondary vertices [1]. Phase space coverage

Figure 2.10: A sketch of Inner Tracking System. There are six layer of silicon
detectors, it is named SPD, SDD and SSD for each two layers
from IP

Figure 2.11: Vertrex resolution in z as function of charged particle density
in η

The general function of TPC are following.
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• reconstruction of the primary vertex and the secondary vertexes for the reconstruction
heavy flavor decay.

• low-momentum particle tracking with particle identified

• improvement of the momentum and pointing resolution of the TPC tracking.

The transverse position of LHC bunches under our control, the distribution width is only 15µm.
Therefor only we have to take care is reconstruction of longitudinal vertex position, as known
issuer, the distribution width (RMS) σz ∼ 7.5cm. We can reconstruct primary vertex without
track reconstruction. We can assume the position by angle formed by hits.

Fig.2.11 provide us resolution of longitudinal vertex reconstruction as function of charged
particle density.As we can see in the figure, we can get collision vertexes with fine resolution.

Figure 2.12: Left: ITS stand-alone efficiency and fake track rate as func-
tion of transverse momentum. Right: Angular resolution as
function of transverse momentum of ITS

In the ALICE experiment, it is used a method based on Kalman filter algorithm as track
reconstruction. Fig.2.12 shows tracking efficiency and angular resolution of poler angle and
azimuthal angle as function of transverse momentum using only ITS. At 2 GeV/c, we have 90%
efficiency with less than 10% fake track ratio and angular resolution is less than 1 mrad.

In high momentum region of track, we have to reconstruct the tracking with large radius.
Because it’s too difficult to estimate momentum for the track which goes through detectors
in a almost linear fashion so that it is difficult to estimate curvature factor for such tracks.
For the reason, we need to combine ITS and TPC to reconstruct charged tracks. To make
sure performance of tracking with TPC and ITS, we compared the momentum resolution of
ITS+TPC reconstruction with TPC stand alone reconstruction. As we can see in Fig.2.13, if
we compare thick solid line and thin solid line, thick line is lower than thin in high momentum
region. Therefor momentum resolution get better using to sort and refit TPC track to ITS track
in high momentum region.
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Figure 2.13: Momentum resolution of reconstructed tracks with ITS and
TPC

2.5.2 Time Projection Chamber(TPC)[30]

The time projection chamber is one of most important sub-detectors which characterize ALICE
experiment. TPC is a type of drift chamber with MWPC for three dimensional charged track
reconstruction with fine pointing resolution and less materials . It can detect transverse trajectory
as track of induced charge on read pad and longitudinal trajectory as difference of drift time. The
tacks reconstruction by TPC is a classical approach, however such huge detector is unprecedented
thus far.

Figure 2.14: A sketch of Time Projection Chamber
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TPC is designed cover following requirements at high charged tack multiplicity(dN/dη ∼
8000)

• nominal drift time (< 100µs for Ne/CO2/N2(90 : 10 : 5))

• excellent tracking efficiency (> 90%) and fine track matching to other detectors (∼ 90%)

• fine momentum resolution (5% for 5GeV/c electron, ∼ 1.5% for MIP)

• good particle identify performance (dE/dx ∼ 10% )

• signal-to-noise ratio for MIP better than (∼ 20 : 1 for inner, ∼ 30 : 1 for outer )

• good two particle separation for correlation measurements(1cm separation rφ and z direc-
tion)

2.5.3 Transition Radiation Detector(TRD)[31]

The TRD provide sufficient electron identification capability for measurements of heavy flavor like
as Charm and Beauty. TRD let us can reconstruct leptonic decay from D-meson and B-meson.
Transition radiation is produced by relativistic particle when it pass through boundary of two
material of different dielectric constants. The emission angle is inversely proportional to Lorentz-
factor(γ = E/mc2), so radiation is emitted almost forward direction of injected particle. It is
quite different between Lorentz-factors of electron and pion at same momentum for their particle
mass. Therefor TRD can separate electrons from pions using the behavior.The momentum range
of that TRD can reject pions from electrons could be 1GeV ∼ 100GeV in naive. ALICE have 18
super modules of TRD and 6layer and 5 stack modules for one super module in mid-rapidity.

Figure 2.15: Principle of TRD detector, Left : electric field in TRD detector
and sketch of electron cluster when pion and electron through
the chamber
Right: signal amplitude as function of detection time
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Fig.2.15 shows principle of transition radiation detector.As shown by the picture, TRD is
composed by simple drift chamber with MWPC and radiator for transition radiation. In left
figure,we can see two injected tracks of pion and electron. When electron is crossing TRD,
transition radiation is generated at radiator in from t of drift region.Then we will have large
energy deposit when transition radiation is absorbed in chamber. In right figure,we can see
example pals height as function of drift time.It is important choose drift gas to have high pion
rejection factor, we have to choose gas with short absorption length for transition radiation(we
choose Xe/CO2(85:15)). If we have such gas we can get high transition radiation efficiency and
use drift time to reject pion as shown by right figure of Fig.2.15.

Figure 2.16: Left : Average pulse hight for electron and pion as function of
drift time
Right :Pion rejection factor at 90% electron efficiency

Left figure of Fig.2.16 shows mean pulse height as function of drift time for pion and elec-
tron.We can see clear peak at large drift time for electron, the peak come from energy deposit
from transition radiation. And dashed line shows mean pulse height electron which is measured
by same test without radiator. We evaluated pion rejection factor at 90% electron efficiency with
6layers TRD. Right figure of Fig.2.16 provide the result at beam test. We tested three method to
evaluate likelihood TMQ,L-Q and L-QX. The mean energy deposit is used to calculate likelihood
of TMQ, the total energy is used for L-Q.L-QX use the information of energy deposit and drift
time.We have achieve rejection functor ∼100 over pT > 1GeV/c using L-Q and L-QX.

2.5.4 Time Of Flight(TOF)[32]

Time of flight is a methods to identify of charged hadrons,we can know particle mass using
the velocity at the same momentum. Basically, hadron mass(m) can be calculated by following
relation of their momentum(p) and flight time(t) of distance(L)

m2 = p2((
t2

L2
) − 1) (2.3)
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And the resolution of mass reconstruction can be described as following.

(
δm

m
)2 =

δp

p
+ γ4((

δL

L
)2 + (

δt

t
)2) (2.4)

In experiment, we have to develop high timing resolution detector for hadron identification using
TOF at large γ, so that flight length is fixed. We developed Multi Resistive Plate Chamber
(MRPC) as high timing detector.MRPC have sandwich structure of resistive plate and gas layer.
We can have high timing resolution with tin gas layer and high efficiency with multi gas layer.

We develop double stack MRPC with 5 layer per a stack which is shown in Fig.2.17.

Figure 2.17: Cross section of TOF detector which has 2 stacks with 5 gaps
for each stack

Left figure of Fig.2.18 shows the efficiency as a function of the applied electric field in a gap.
We observed that the efficiency of the 10 gap(2×5 gap) MRPC is close to 100% and reaches
the plateau at lower electric field.And right figure of Fig.2.18 shows the resolution as function
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of the electric field. The MRPC for ALICE has excellent timing resolution very close to 40ps to
reconstruct particle mass.

Figure 2.18: Performance of TOF detector, Left : detection efficiency as
function of applied electric field, Right : timing resolution as
function of electric field for each prototype

2.5.5 Electromagnetic Calorimeter(EMCal)[33]

ALICE detector has two type of electromagnetic calorimeter,one is classical lead-scintillator
sampling calorimeter, the other one is lead-tungstate crystal calorimeter. First one is developed
to detect electrons and photons with large acceptance for especially high momentum physics.
Latter one is built for photon physics but with small acceptance(more detail in latter section).

Figure 2.19: The array of super modules of EMCal shown in the installed
position on their support structure
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Fig.2.19 illustrate overview of full installed EMCal super modules. EMCal cover 110◦ in
azimuthal 1.4 in rapidity. And individual tower acceptances are about 0.014 × 0.014 at η = 0.

In general, energy resolution can be given as following

σE

E
=

√
(
a

E
)2 + (

b√
E

)2 + c2 (2.5)

where b represents the stochastic term,and a represents the system noise in readout channel,and
c represents constant term. In low energy and/or intermediate region it is important factor in
energy resolution, light yield and collection efficiency. It’s also important background hits. For
EMCal, it can work in stable therefore it can be ignorable term of b which come from system
noise in readout channel.

Fig.2.20 provide the combined results of energy resolution of electron which are measured at
PS and SPS in CERN. The dashed carve shows simulated energy resolution by GEANT3. The
Modules has fine requested performance.

Figure 2.20: Energy resolution of EMCal as function of electron energy and
fitting result by Eq.2.5

From early 2013, additional EMCal called DCal(di-jet callrimeter) in opposite side of EMCal
next to PHOS.

2.5.6 PHOton Spectrometer(PHOS)[34]

The PHOS detector was developed to take out initial phase information of collision in particular
initial temperature , via direct single photon and di-photon measurements. The PHOS is located
460cm from collision point.The PHOS is a type of electro magnetic calorimeter made by lead-
tungstate crystal (PbWO4) with photo diode as readout.
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Fig.2.21 shows overview of super modules on installation frame.Which is located 460cm from
collision point.The PHOS is a type of electro magnetic calorimeter made by lead-tungstate crystal
(PbWO4) with photo diode as readout.

Figure 2.21: A sketch of the configuration of the PHOS calorimeter with
installation arm

Fig.2.22 shows us, energy resolution of electron for each results of beam test in PS and SPS.
We have excellent resolution as designed.The PHOS detector is sensitive to electrical noise, so
we operate the detector under −17◦C. And the term of a in fund. Eq.2.5 should be considered.

Figure 2.22: Energy resolution of PHOS as function of electron energy and
fitting result by Eq.2.5



2.6. FORWARD DETECTORS 53

2.5.7 High Momentum Particle Identification(HMPID)

The High-Momentum Particle IDentification (HMPID), devoted to the identification of the high-
momentum particles. The detector is a type of Ring Imaging Cherenkov Counter(RICH) which
is designed as MWPC with C6F14 radiator. The HMPID in ALICE can identify pions and kaons
in the momentum range 1 to 3 GeV/c with separation power 3σ and it can also identify protons
in the range 1 to 5 GeV/c with 3σ separation. The detector will let us be able to have knowledge
in fragmentation function in jet.

2.6 Forward Detectors

2.6.1 Forward Multiplicity Detector(FMD)[27]

The FMD was built to study multiplicity fluctuation in forward rapidity on an event-by event
basis. The number of segment of FMD is larger compared with other forward detectors with
large acceptance and with large η gaps from mid-rapidity. Therefor FMD is suitable to measure
multiplicity independently to see the correlation of multiplicity in mid-rapidity. The FMD also
can reconstruct event plane with fine resolution by benefit of it has many segment in φ direction.

2.6.2 Photon Multiplicity Detector(PMD)[36]

We have several physics goals with PMD via measurements of inclusive photon. The first goal
of PMD is getting the signal of Disoriented chiral condensate(DCC) using the correlation be-
tween charged particles and inclusive photons through the measurements of Nγ/Nch ratio with
full azimuthal coverage. And we might have some signal of critical phenomena near the phase
boundary leading to fluctuations in global observables like multiplicity, mean transverse momen-
tum and pseudorapidity distributions.And SPD can measure inclusive photon flow and estimate
event plane by photon.

2.6.3 Forward Muon Spectrometer[37]

The forward muon spectrometer is built as combined components of detector,absorber and di-
pole magnet. The Muon Spectrometer is developed for the measurements of quarkonia behavior
via µ+µ−. At RHIC it is observed suppression of vector meson production like as J/Ψ. It
is considered the suppression come from Debye screening of color charges. The forward muon
spectrometer allow us to study such physics concerning quarkonia which contain heavy flavors.
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Data Reduction

In this chapter we describe details of the analysis approach to measure azimuthal correlation
between jets and particles. At first, we present the event trigger information for the analysis.
Latter of that we describe event characterization of the events in Pb-Pb collision by the centrality
and the event plane. Then we present how to reconstruct track of the charged particles and the
reconstruct jets, and subtract the backgrounds from jet momentum. At the end it is described
the method of jet-particle correlation.

3.1 Minimum Bias Event Trigger

In this analysis, we only use the minimum bias events of both pp and Pb-Pb collisions. Ideally,
the minimum bias trigger of ALICE provide fine efficiency for both of the low multiplicity events
and the diffractive events with fine beam backgrounds(beam-gas and beam-halo interaction)
rejection. In ALICE experiment, the signals from the three detectors are used to define the
minimum bias trigger, VZERO(V0), SPD and ZDC. It is called V0A for V0 at A-side and V0C
at the C-side.

VZERO

The merits to use VZERO detector for the event trigger are that VZERO is stable detector in the
high magnetic fields with the radiation tolerance and VZERO has large acceptance in forward
rapidity and it can provide fast signal to trigger events. Therefore VZERO is used as online
trigger detector in the forward rapidity. To have good background event rejection, we can use
timing information of VZERO detector. We can predict approximate arrival time to get signal
from collision by location of detectors from the interaction point(IP). The time should be 11.3 ns
for V0A(3.4 m from IP) and 3.0 ns for V0C(90 cm from IP). By cutting out events using timing
cut of VZERO signal, ALICE get events with fine efficiency with fine background rejection.

SPD

To get the signal to triggered events in the mid-rapidity, we require at least one hit for each layers
of SPD which is two layers of pixel detector located inner most ITS (called Fast-OR signal). To
reduce backgrounds, we define the acceptable range of secondly hit as that first hit should be on

54



3.2. CENTRALITY 55

diagonal line between IP and secondly hit. Then if we got secondly hit in proper range we call
the signal Global Fast-OR signal.

ZDC

In Pb-Pb collisions, spectator which is nucleons did not join collision pass through along beam
pipe. We can assume the position of that the point spectator passing through. We put calorimeter
on the point to detect the spectator. We also can assume the arrival time of nucleons to ZDC.
We apply timing cut of ZDC for minimum bias events in Pb-Pb collisions on offline.

3.1.1 proton-proton collision

We require the signal of either V0 signal (V0A or V0C) or SPD signal (Global Fast-OR) as
minimum bias trigger like as following.

MB : (GLOBAL − FO ∪ VZERO − OR) ∩ BKG (3.1)

We can get 99.9% efficiency for the non-diffractive event and 79.9% for the diffractive event,
totally 93.6% of all the inelastic events. For the backgrounds we get 7.7% efficiency of the beam-
gas events and 2.3% efficiency of the beam-halo events with the trigger configuration. Then we
cut out the event which event has reconstructed primary vertex point of z-direction over than 10
cm from expected point in offline analysis. In this analysis, 63 million minimum bias events are
analyzed for

√
s = 2.76 TeV and 313 million events are analyzed for 7 TeV.

3.1.2 Pb-Pb collision

To trigger minimum bias events in Pb-Pb collisions, we use the same trigger configuration class
of pp collisions online, to have fine trigger purity we applied ZDC timing cut additionally in
offline analysis. In this analysis, 19 million minimum bias events are analyzed.

3.2 Centrality

As we discussed at Sec1.2.1, Pb-Pb events are characterized by the collision geometry. In exper-
iment we can assume the collision geometry connecting the centrality with number of particles
using a Monte Carlo Glauber model. The model assumes that the number of independently
decaying precursor particles(ancestors) is given by Nancestors = α×Ncoll +(1−α)×Npart, where
α quantifies their relative contributions.

Then we assume that every ancestors emits particles according to a Negative Binomial Dis-
tribution(NBD)

Pn(κ) =
Γ(n+ κ)

κ(n− 1)κ(κ)
(

µ/κ

1 + µ/κ
)n 1

(1 + µ/κ)κ
, (3.2)

where the parameter µ is the mean multiplicity per precursor, and κ defines the width of the
NBD and therefore controls the fluctuations to large multiplicity. We estimate the centrality
using calibrated VZERO amplitude, so that it can let we have fine centrality resolution in the
all centrality range. The resolution is 0.5% in the central and 2% in the peripheral.
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Fig.3.1 shows VZERO calibrated amplitude distribution with the centrality bins which is
fitted by Glauber Model estimation. As far as we see the figure, we have fine centrality estimation
which is expected by Glauber model.
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Figure 3.1: VZERO amplitude distribution for centrality determination

3.3 Event Plane

In Sec.1.4.3, we explained anisotropic flow with respect to the event plane. So we can determine
the event plane from the spacial anisotropy of particle distribution. It is better to use the detector
in forward rapidity with large acceptance to reduce non-flow effects (like as jet and resonance
decay) when we determine the event plane for each events.

Experimentally , we can calculate the event plane according to Eq.3.3. Qx and Qy is the
projection of the event plane to x and y axes respectively. Then we choose multiplication of total
multiplicity and charge ratio of the cell with respect to the total charge of VZERO detector.

3.3.1 Re-centering Calibration

Width of Q vector of x, y axis Qx and Qy become wider with the increasing the centrality
percentile. Then we can correct Q vectors with respected to width of Qx and Qy distribution.
Re-centering correction is defined as following,

2Ψcorr = tan−1(
Qcorr

y

Qcorr
x

), (3.3)

Qcorr
x =

Qx− < Qx >

σx
, (3.4)

Qcorr
y =

Qy− < Qy >

σy
. (3.5)

The width of Q vectors are extracted by RMS of Q vectors distribution.



3.3. EVENT PLANE 57

3.3.2 Event Plane Resolution

In the real experiment, only finite number of particles are emitted and detected in each collisions.
This introduces some fluctuations in observing the anisotropy on an event-by- event basis. Even if
the distribution is azimuthally anisotropic, statistical fluctuations can lead to non-zero coefficients
vn. In high energy nuclear collisions, we usually define resolution of the event plane to correction
anisotropic flow as following,

σplanevn
=< cos(n(Ψmeasured − Ψtrue)) > . (3.6)

If measured plane at A-side and C-side is very close, we can assume the event plane as follows,

<cos(n(Ψmeasured−Ψtrue))>

= <cos(n(ΨA−Ψtrue))>

∼
√

<cos(n(ΨA−Ψtrue))><cos(n(ΨC−Ψtrue))>

∼ √
<cos(n(ΨA−Ψtrue))><cos(n(ΨC−Ψtrue))>+<sin(n(ΨA−Ψtrue))><sin(n(ΨC−Ψtrue))>

= <cos(n(ΨA−Ψ)−(ΨC−Ψ))>=<cos(n(ΨA−ΨC))>. (3.7)
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Figure 3.2: Left : Event plane resolution of 2nd order, Right : Event plane
resolution of 3rd order

Fig.3.2 shows the event plane resolution of 2nd and 3rd order. Average sin(n(ΨA − ΨC))
is close to zero. That means approximation in Eq.3.7 is natural. For 2nd order, in the central
collisions, the anisotropy of the collision geometry is small, so the event plane resolution also
small. And in the peripheral collisions, the event plane resolution also small so that particles for
estimation the event plane is limited. For 3rd order, fraction of 3rd order flow is still high. That
is why the resolution of 3rd plane in the central is high compared with the over centrality.
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3.4 Global Track Reconstruction

In this analysis, we use tracks reconstructed by ITS and TPC with the momentum range 0.15
GeV/c< pT (the upper limit of the momentum range is limited as 80GeV/c automatically because
we only use jets their momentum smaller than 80GeV/c) in |η| < 0.9 within 0.5 T solenoidal
magnetic field. We use three tracking classes to reconstruct the primary charged particles. So
that ITS has non-uniform efficiency in φ and η space, because of the problem of SPD(innermost
layer of ITS) cooling during the runs which we analyze in this measurements. The first tracking
class accepted the tracks which is reconstructed by TPC and has hit on one of the two layer of
SPD. The second tracking class don’t require SPD hit but require the primary vertex instead of
the SPD hit as a point of reconstructed track. And The third class require the primary vertex
but don’t re-fit track of TPC to ITS track.

Detail of track cuts are following.
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Figure 3.3: Left:Efficiency of global track as a function of pT for each Monte
Carlo configuration LHC11a2a-j is anchored to pp collisions at√
s = 2.76 TeV and LHC11a10 is anchored to Pb-Pb collisions

at
√
s = 2.76 TeV

Right:Momentum resolution of global track as a function of pT

in Pb-Pb collisions at
√
s = 2.76 TeV

• TPC cluster should be over than 70.

• Maximum χ2 per TPC cluster is 4.

• TPC stand alone tracking required at first iteration of tracking.

• Required refit to ITS from second iteration.

• No identified kink is required.

• χ2 per ITS cluster smaller than 36.

• It should contain a hit on SPD otherwise primary vertex can be used instead of SPD hit.
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• Maximum distance of closest approach to vertex in longitudinal direction is 3.2 and in
transverse direction 2.4 cm.

• Do not require sigma cut to vertex

The left figure of Fig.3.3 shows the track reconstruction efficiency of the setup. LHC11a2a-j
is anchored to pp collisions at

√
s = 2.76 TeV and LHC11a10 is anchored to Pb-Pb collisions at√

s = 2.76 TeV. According to the efficiency measurements using Monte Carlo events, we have
about 85% in pp collisions, 80% in Pb-Pb collisions at 40 GeV/c . The right figure of Fig.3.3
shows momentum resolution of tracks in Pb-Pb collisions. We can reconstruct global tracks with
the resolution less than 10% at 40 GeV/c.

3.5 Jet Finding Algorithm

To find out jets, we have two type of algorithms to reconstruct jet energy(momentum) and axis
in general way. First one is cone type algorithm. This way is a classical approach to find jets
and it was used from a few decades ago for example at UA1 experiment. The basic idea of the
algorithms is sum up all particles in fixed radius from the trigger particle(highest momentum
particle is a natural choice) in η×φ space. However we had known the methods are not infrared
safe at the some order in the perturbation theory in previous research [38].

These days we usually use the sequential clustering algorithm which is latter one of the
two instead of cone type algorithm. In this analysis we use anti-kT algorithm[39] in FASTJET
package[40] for jet reconstruction. The procedure of jet reconstruction by anti-kT algorithm is
follows.

1. Calculate weighted distance of all particles pair(i, j) given by

dij = min(
1
p2

T i

,
1
p2

Tj

)∆R2
ij/R

2, (3.8)

∆R2
ij = (ηi − ηj)2 + (φi − φj)2, (3.9)

where pTi is transverse momentum of particle i and R is jet-radius parameter.

2. Calculate distance between the beam and particle i : diB = 1/pTi

3. Compare dij and diB, if dij is smaller, merge particle i and j into a single particle. If diB

is smaller, clustering is finished.

4. If the cluster pass the filter, we call cluster ”jet”. In ALICE experiment we have momentum
threshold and jet area as filter.

5. Resume for the left particles 1 to 3 until no particles are left.

In this measurements, we required only charged tracks for jet reconstruction. We call the
jet ”charged jet” when we would like to distinguish from jet, reconstructed by charged and
neutral particles (called ”full jet” in the case). The parameters for charged jet reconstruction
are following.
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Table 3.1: FASTJET parameters
Parameter Value

Algorithm anti-kT

R(=
√

∆φ2 + ∆η2) 0.4
Strategy Best

Recombination Scheme Boost Invariant pT

Ghost Area 0.01
Active Area Repeats 1
Ghost η maximum 0.9
pT input particle pT > 0.15 GeV/c
Jet pT threshold pjet

T > 10 GeV/c
Jet acceptance |η| < 0.5

Jet area Areajet > 0.4

The momentum distribution of the reconstructed jet are shown in the left figure of Fig.3.4.
We can see the yield of the leading jet and the inclusive jet almost overlapped. That means
almost jets were reconstructed as the leading jet in each event. And the right figure of Fig.3.4
shows the reconstruction efficiency and the axis resolution of the reconstructed leading jet with
respect to the generated leading jet which pass jet reconstruction with not only charged particles
but also neutral particles.
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Figure 3.4: Left : Momentum distribution of reconstructed inclusive jet and
leading jet in pp collisions at

√
s = 7 TeV

Right : Jet reconstruction efficiency with matching parameter
∆R < 0.4 and reconstructed axis resolution with respect to gen-
erated jet
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According to the results, we can reconstruct the leading jet axis with excellent resolution.
In the analysis the leading jet axis will be used as the trigger axis, so the leading jet axis
reconstruction resolution is one of most important performances. The reconstruction efficiency
is also good. The efficiency is more than 90% where the momentum region we analyzed for the
jet-particle correlation measurements.

3.6 Back Ground Subtraction

In heavy ion collisions, we have huge number of particles from thermal bulk. We already men-
tioned at Sec1.4.3, the azimuthal particle distribution is not uniform with respect to the event
plane, so that bulk expansion is not only from radial expansion but also anisotropic expansion
so called elliptic flow and triangular flow. These kind of effects are shown up as particle emission
intensity v2 and v3 in the particle azimuthal distribution. For jet measurements, such huge num-
ber of particles should contribute as background and we have to take into account distribution
of particle anisotropy in background estimation.
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Figure 3.5: Top : Reconstructed jet momentum distribution as a function
of jet axis with respect to Ψ2 in heavy ion collisions
Bottom : Reconstructed jet momentum distribution as a func-
tion of jet axis with respect to Ψ3 in heavy ion collisions

Fig.3.5 shows the momentum distribution of the reconstructed jets as a function of the jet
azimuthal axis with respect to the event plane(Ψ2) and the triangular plane(Ψ3) in the four
centrality bins. The jet momentum looks biased not only by the centrality but also the event
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planes of second order and third order. The dependence of second order looks strong in the
mid-central region compared with in the most central that effects come from the flow stronger in
the mid-central due to the anisotropy of the collision geometry. The jet momentum also depends
on Ψ3 however the quantities are smaller then the quantities of second order.

We need to remove the background energy from the reconstructed jets energy in heavy ion
collisions. The momentum density of particles which is generated by thermal bulk in φ - η space
can be given by

dpBKGtotal
T (φ, η)
dφdη

=
dpflat

T (φ, η)
dφdη

+
dpelliptic

T (φ, ψ2, η)
dφdη

+
dptriangular

T (φ, ψ3, η)
dφdη

+ · · · (3.10)

pelliptic
T (φ, ψ2, η) =

∑
pT × v2 × cos(2(φ− ψ2)) (3.11)

ptriangular
T (φ, ψ3, η) =

∑
pT × v3 × cos(3(φ− ψ3)) (3.12)

where pelliptic
T describe particle momentum weighted v2 and ptriangular

T also means momentum
which come from triangular flow. The acceptance of ALICE detector in the mid-rapidity is
sufficiently smaller than beam rapidity. Experimentally we can almost ignore η dependence of
the momentum distribution.

In general, we can calculate the amount of the background momentum which is under area
in φ− η space as following.

pBKG
T = Area ×

dpBKGtotal
T (η, φ)

dφdη
(3.13)

3.6.1 Subtraction Method

In this analysis, we calculate the background momentum density event by event then subtract
the background for each jets. The procedure of the background subtraction in jet reconstruction
is following. Fig3.6 is conceptual diagram to follow up the procedure to subtract backgrounds
from jets.

1. Fill all particles into two dimensional histogram in φ− η plane with their pT .

2. Reconstruct jets with no background subtraction.

3. Fit function [f = A+B cos(2(φ−ψ2))+C cos(3(φ−ψ3))] to 2D histogram to get momentum
density.

4. Subtract background momentum from reconstructed jets momentum according to Eq.3.13.

5. Correct bin value in ∆R(bin − jet) < 0.5 to be average value of φ direction if corrected
pjet

T > 3 GeV/c.

6. Fit again to get correct background momentum density.

7. Subtract momentum from jet momentum.
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Figure 3.6: Momentum distribution in η-φ plane,
Left : Reconstructed jet axis with jet area (∆R < 0.5) (1-5)
Center : Jet removed distribution(6)
Right : Background subtracted distribution(7)
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Figure 3.7: Background momentum density for each components as a func-
tion of centrality and their average,
Left : constant background,
Center : 2nd order background ,
Right : 3rd order background

The background momentum density which is estimated by fitting to 2D histogram of the
momentum distribution in η-φ plane are shown in Fig.3.7. The flat component of the background
density is strongly depends on centrality as we see in left figure on Fig.3.7. However the other
distributions are fluctuated because the fluctuation of flow is large and we have finite resolution
to estimate the event plane. In event by event, the event plane can be reconstructed transverse
direction of the ideal reaction plane. In the most central region, the amplitude of fluctuation of
3rd order as large as 2nd order that means, it is mixed that the elliptic flow dominant event and
the triangular flow dominant event in the central collisions.
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The momentum distribution of the background-subtracted jets as a function of jet axis with
respected to the event plane and the triangular plane are upper figures on Fig.3.8 and bottom.
We get almost uniform distribution with respected to the event plane and the triangular plane.
However we still have dependence of the event plane in the mid-central and the mid-peripheral
which is shown on second and third figure from left on upper Fig.3.8. Mainly this dependence
seems to come from two effects. One is pass length dependence of jet modification, we describe
the dependence in Sec.1.4.5. If the picture is correct, there should have difference of jet energy
scale between the reconstructed jet axis in the in-plane and the out-plane. That can be the origin
of dependence we see in Fig.3.8. Another effect can come from the event plane dependence of
the background momentum fluctuation.
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Figure 3.8: Momentum distribution of background subtracted jets as a func-
tion of jet axis with respect to event planes for each centrality
bins,
Top : Momentum distribution with respect to Ψ2,
Bottom : Momentum distribution with respect to Ψ3

Fig.3.9 shows the momentum distribution of the background subtracted jets which is divided
into four centrality bins. The top four figures are the momentum distribution of jets which is
subtracted flat background only. The bottom four figures are the momentum distribution of
jets which is subtracted not only flat background but also backgrounds come from elliptic flow
and triangular flow. In the distribution on the top figures, it is subtracted flat background
including the event fluctuation of flat background. Averages of the distributions of the in-plane
in all centrality are higher than averages of the out-plane. As we see in Fig.3.5, jet momentum
is depending on emitting angle with respect to the event plane. On the other hands, in lower
figures, the differences of the in-plane and the out-plane are smaller than the difference in the top
figures. That means, back ground effects of elliptic flow and triangular flow is minimized by the
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background subtraction of the analysis. As we had already seen in Fig.3.8 angular dependence
with respect to the event plane is still in momentum distributions of background subtracted
jet especially in the mid-central and the mid-peripheral collisions. It is compatible that the
dependence come from the pass length dependence of jet modification.
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Figure 3.9: Momentum distribution of background subtracted jets divided
into two jet angular class with respect to event plane for each
centrality, Top : jet momentum which is flat background sub-
tracted. Bottom : jet momentum which is flat,elliptic and tri-
angular background subtracted.

3.6.2 Subtraction Performance

To check performance of the background subtraction method, and to get the knowledge of the
origin of the event plane dependence in the background subtracted jet momentum, we test the
background subtraction for PYTHIA di-jet events embedding to Pb-Pb events.

Fig.3.10 shows the average of the background density in φ and η space for each term of Pb-Pb
collisions and PYTHIA di-jet embedded Pb-Pb events. The difference of non di-jet embedded
sample and di-jet embedded sample is small in all term of the background momentum density,
flat, v2 and v3. That means the background subtraction method has in-sensitivity against di-jet
sample, that also means the method is stable.

In the case of Fig.3.10, it is not considered interaction between jets and hot/dense matter.
If there are such effects, it is possible to jets bias strength of backgrounds. Therefore we also
checked momentum dependence of triggered jet in the background momentum distribution.

The momentum density for each term as a function of the centrality is shown in Fig.3.11.
The left figure of Fig.3.11 shows the momentum density of the flat background term. In central
collisions, black line is between blue and red, that means background of minimum bias is described
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Figure 3.11: Left : Average background momentum of flat term as a func-
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Average background momentum of v2 term as a function of
centrality for each leading jet momentum. Right : Average
background momentum of v3 term as a function of centrality
for each leading jet momentum.

as events between the event has jet in 10 < pT < 20 GeV/c and in 20 < pT < 40 GeV/c. That
also means the background momentum has dependence of the leading jet momentum. It might
comes from bias of trigger events. If we triggered high momentum jets, the energy density of
the QGP of the events lower than the events which has no jets. In natural understanding, the
high momentum jets can be triggered with less jet modification. On the other hands, in the
peripheral, the flat background with high momentum jets is higher than the other. It might
come from the effects of the momentum of triggered jets dependence in underlying events[41].
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In the center figure and the right figure of Fig.3.11, black line also is in between red and
blue. That also mans, v2 and v3 are affected by jets. Still unknown why jets affects v2 and v3,
it might comes from that the high momentum particles are re-distributed into production of the
low momentum particles. In the average background of PYTHIA embedded data, embedded
particles are in |η| < 0.9. Therefore embedded charged particles can not affect to event plane
estimation so that acceptance of VZERO detectors are out of range |η| < 0.9. The difference
in Fig.3.10 and Fig.3.11, can bias jet momentum. In latter measurements the differences are
considered as systematic uncertainty.

To check performance of the background subtraction, we have to compare properties of em-
bedded PYTHIA jet with reconstructed jet in huge background. In this analysis, we choose axis
difference as matching parameter of PYTHIA jet with the reconstructed jet. Fig.3.12 shows az-
imuthal axis difference as a function of embedded leading jet momentum for each centrality. We
can see the clear peak around ∆φ = 0 that means the method is able to reconstruct the leading
jet axis correctly. We also see border peak in the away side of the embedded leading jet axis,
if the embedded di-jet momentum is balanced the leading jet reconstructed as the sub-leading
jet, the sub-leading jet also can be swapped during reconstruction procedure. And we see un-
correlated distribution with respect to the embedded leading jet, that come from jets which is
contained in data. If data has higher momentum of jets compared with momentum of embedded
di-jet sample, jet contained in data should reconstruct as the leading jet instead of the embedded
leading jet.
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Figure 3.12: Axis difference between reconstruct leading jet and embedded
leading jet as a function of transverse momentum of leading jet
plead−jet

T for each centrality bins

The left figure of Fig.3.13 shows the matching efficiency of the reconstructed jets with respect
to the embedded jets as a function of the momentum of the leading jet of embedded di-jet sample
for each centrality. The matching efficiency is decreasing with centrality. The reason is data of
central collisions has a large number of jets due to multi nucleon collisions then most central
collision has many uncorrelated jet with embedded di-jet sample. That is why the matching
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efficiency decrease with centrality.
For the analysis we choose dR=0.3 as axis matching parameter. The matching parameter is

smaller than cone radius to reconstruct jet. That is why fake jet is rejected from the matched
jet samples by definition. But we still have the combinatorial jets.

The right figure of Fig.3.13 shows the momentum distribution of reconstructed PYTHIA jet
in Pb-Pb events which is matched jet axis with the embedded jet axis. Black line shows the
distribution of embedded PYTHIA and the other color shows the distribution of matched jet
for each centrality. In the low momentum region, the yield is decreasing with the centrality.
The reason is in the region matching efficiency is small as shown left figure. In contrast, the
yield is enhanced in the high momentum region. It is considered that the low momentum of the
reconstructed jets is increase due to background, then the yield increased by contribution of low
momentum jet.
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Figure 3.13: Left : Matching efficiency of reconstructed jets with respect
to embedded jets as a function of momentum of leading jet
of embedded di-jet sample for each centrality, Right : momen-
tum distribution of reconstructed PYTHIA jet in Pb-Pb events
which is matched jet axis with embedded jet axis.

The momentum correlation of the embedded and the reconstructed leading jet pair is shown
in Fig.3.14. Black line show average value of scattered plot and violet line gives us balanced
momentum line. In the peripheral collision which is shown in the first right figure, the pair
has strong correlation. On the other hands, the jet momentum scale and the resolution of the
reconstructed momentum are smeared by huge background fluctuation. As we see in the bottom
figures, black line is higher than violet dashed line in the low momentum region of embedded
jet. That means the reconstructed jet momentum is larger than embedded jet momentum in
the low momentum region of the embedded jet. The dependence comes from the contribution
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of combinatorial jets which is merged with background jets effects and predominant in the low
embedded jet momentum region. Due to the effects, the yield of reconstructed jets in huge
background particles is enhanced as shown right figure of Fig.3.13.
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Figure 3.14: Momentum correlation of reconstructed leading jet and embed-
ded leading jet after background subtraction, Top : momentum
correlation of reconstructed jet and embedded jet, Bottom :
Momentum ratio of reconstructed jet with respect to embed-
ded jet.

3.7 Di-Jet Event Reconstruction

As we mentioned in Sec1.5.2, the missed energy of the sub-leading side looks re-distributed to
out of jet cone with large angle. It is also interesting in the modification seeing the effects in the
away-side. To see the modification effects clearly we trigger di-jet event for both events of pp
collisions and Pb-Pb collisions.

The di-jet selection condition is following.

1. pleading
T > 10GeV/c.

2. psub−leading
T > 10GeV/c.

3. cos(φleadin − φsub−leading) < −0.5.

Fig.3.15 shows the momentum distribution of the leading jet and the leading jet in di-jet
triggered events and di-jet trigger ratio as a function of the leading jet momentum in pp collisions
at

√
s = 7 TeV. Di-jet trigger ratio is depending on the leading jet transverse momentum which is

shown right figure in Fig3.15. In high momentum range, 20 ∼ 30% of the leading jet reconstructed
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Figure 3.15: Left : momentum distribution of leading jet and leading jet in
triggered di-jet event in pp collisions at

√
s = 7 TeV

Right : Di-jet trigger event ratio as a function of transverse
momentum of leading jet

events are triggered as di-jet event. At
√
s = 2.76 TeV, it has same dependence of the events at√

s = 7 TeV.
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Figure 3.16: Triggered di-jet property in pp collisions at
√
s = 7 TeV, Left

: transverse momentum distribution of leading jet and sub-
leading jet, Center : momentum correlation of leading jet and
sub-leading jet, Right : di-jet momentum asymmetry Aj =
(psub−lead

T − plead
T )/(psub−lead

T + plead
T )

In Fig.3.16, we can see triggered di-jet properties in pp at
√
s = 7 TeV. The momentum

asymmetry of the di-jet is provided right in Fig.3.16. The figure indicate, the di-jet momentum
asymmetry is limited by threshold of the sub-leading jets because green line is on the edge of
scattered plot. The green line suppose the case momentum of sub-leading jet is just on threshold
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for di-jet selection.
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Figure 3.17: Number of trigger events of minimum bias event and di-jet
event as a function of centrality, for several momentum thresh-
old of di-jet trigger

The number of di-jet production should be strongly related to the number of nucleon col-
lisions. Therefore the number of di-jet trigger is related to the centrality . Fig.3.17 shows the
number of minimum bias trigger events and the number of event which has di-jet pair. We can
find large number of di-jet events in central compared with peripheral so that the number of
collisions is large in the central collisions. If we apply higher momentum threshold to select the
di-jet event, the number of triggered events are reduced, however slope looks smooth compared
with the low momentum threshold. That indicates amount of jet momentum modification is
large and/or fake jet rate is higher in the central collisions.

To check the purity of the di-jet event, we checked the number of di-jet events as a function of
the centrality and the number of collisions. The left figure of Fig.3.18 shows the number of jet per
event as a a function of centrality for each jet momentum range. The number of jets is calculated
by integrated of the momentum distribution of jets which are background subtracted. The 2nd
left figure of Fig.3.18 shows number of jets and di-jets in momentum range 10 < pT < 20 GeV/c
as a function of number of nucleon-nucleon collisions Ncol. Ncol is estimated by fitting by the
Glauber a function. The Glauber a function is characterized by NBD ×f×Ncol +(1−f)×Npart.
where NBD a function given by Eq.3.2 and f = 0.194 which is given by the fitting shown in
Fig.3.1. The 2nd right figure of Fig.3.18 shows the number of jets and di-jets in the momentum
range 20 < pT < 40 GeV/c as a function of Ncol. The right figure of Fig.3.18 shows the number
of jets and di-jets in the momentum range 40 < pT < 80 GeV/c as a function of Ncol.

In the right figure and the 2nd right figure, di-jet yield lower than single jet yield in for
each Ncol range. Single jet yield is rapidly increase with Ncol on the other hands, di-jet yield is
proportional to Ncol. However, in the low momentum range, single jet yield and di-jet yield is
higher in the mid-central and the mid-peripheral compared with the most-central as we seen in
the high momentum range. The trend can be understood elliptic flow makes fake di-jet pair.
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Figure 3.18: Left : Number of jets in a event as a function of centrality. 2nd
Left : number of jets in 10 < pT < 20 GeV/c and di-jets in
10 < plead

T < 20 GeV/c as a function of number of collision Ncol

estimated by Glauber model. 2nd Right : number of jets in
20 < pT < 40 GeV/c and di-jets in 20 < plead

T < 40 GeV/c as a
function ofNcol. Right : number of jets in 40 < pT < 80 GeV/c
and di-jets in 40 < plead

T < 80 GeV/c as a function ofNcol.

3.8 Jet Particle Correlation

Let we consider the jet-particle correlation measurements. In this analysis we describe the mo-
mentum weighted ∆φ distribution of the associate charged particles with respect to the triggered
leading jet axis in di-jet event as shown Eq.3.14 for pp collisions and Eq.3.15 for Pb-Pb collisions,

d(
∑
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T (∆φ))
dndijet
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∑
pBKG

T (∆φ) =
∑

pcontami
T (∆φ) +

∑
pBKGhard

T (∆φ) +
∑

pBKGsoft

T (∆φ). (3.16)

where
∑
passo

T is the total momentum of the associate particles in a bin, ∆φ is angle difference
between particle and the leading jet, ndijet is number of di-jet triggered event in the momentum
range of the reconstructed leading jet pmin

T < plead
T < pmax

T for normalization. The right hand of
Eq.3.14 and Eq.3.15 shows detail of the left hands. The momentum is decreased by the detector
efficiency. And the total momentum include the momentum from non-physical charged particles
like as electrons via γ conversion or Dalitz decay as contamination. In addition, the background
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momentum can be contained in momentum from the particles from thermal bulk and/or the
particles come from fake jet or combinatorial jet in Pb-Pb collisions.

A jet-particle azimuthal correlation is shown in Fig.3.19 as an example. Mainly we can get
five information of di-jet event from the figure as follows.
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Figure 3.19: ∆φ distribution of momentum of associate particle with respect
to jet axis which is given by Eq.3.14 in pp collisions at

√
s =

2.76 TeV. The momentum range of associate particles divided
into four bins as shown legend in right

1. leading jet properties

We can see information of the leading jet in the near side of Fig.3.19. Average jet momen-
tum in the leading jet momentum range is shown as sum of momentum in the near-side
peak and jet shape also shown as width of the distribution.

2. Sub-leading jet properties The sub-leading jet properties can be shown in the away-side of
the distribution as well as the leading jet. However the away-side width is not only coming
from the sub-leading jet shape, di-jet axis fluctuation should be included in the away-side
width.

3. Di-jet momentum asymmetry We can see the di-jet momentum asymmetry as difference
between peak of near side and away side.

4. Underlying momentum distribution The momentum distribution of uncorrelated particle
to with respect to di-jet is shown as base line of the distribution where around −1/2π,1/2π
and 3/2π.
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5. Fragmentation function The distribution do not provide the fragmentation function itself
but they have the information strongly correlated to the fragmentation function. You see
the associate momentum region are separated to four bins which is shown blue, green,
yellow and red. We can see how particle distributed in the leading jet and the sub-leading
jet.

3.8.1 Comparing with MC event

In order to present we have proper tuned Monte Carlo events for the measurements. We show
the results comparing with Monte Carlo events. We compared the ∆φ distribution of Data with
Monte Carlo in the whole azimuthal range and in the azimuthal range of the leading jet by fitting
gauss function.

Fig.3.20 shows an example yield of jet particle correlation on data and Monte Carlo for the
several associate particle momentum range in the same leading momentum range 20 < plead

T < 40
GeV/c at

√
s = 2.76 TeV. If you see right figure of Fig.3.20, the yield ratio of data and Monte

Carlo. The yield of data looks comparable but bit higher than the yield of Monte Carlo events.
In the near-side and the away-side, the yield ratio is in ±10%. However in the other region the
ratio looks more higher around ±20%. That indicate, Monte Carlo events can provide almost
similar jets but the difference of underlying events between data and Monte Carlo is bit large.
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Figure 3.20: ∆φ distribution of momentum of associate particles with re-
spect to jet axis for data and Monte Carlo event for pp col-
lisions at

√
s = 2.76 TeV, Left : jet-particle azimuthal cor-

relation of data, Center : jet-particle azimuthal correlation of
Monte Carlo, Right : yield ratio of data and Monte Carlo

Fig.3.21 shows shape of the near-side peak of the jet particle correlation for data and MC. We
estimate jet width and height in momentum space fitting gauss function to the near-side peak of
the yield. Width of the near-side peak is narrow with the increasing pT of the associate particle
range and the peak height is higher with pT of the associate particle. And as far as we see the
results, Monte Carlo events are consistent with data for all the associate particle momentum
range for all the leading jet momentum range. You might have question why we have completely
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matched shape with the shape of yield of data. The answer of the question is that we applied
the fitting to the histogram with fine binning. If you look back right figure of Fig.3.20, you will
realize the yield ratio around near-side peak is close to one.
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Figure 3.21: The peak and width of near-side shape of jet-particle azimuthal
correlation estimated by fitting gauss function for data and
Monte Carlo at

√
s = 2.76 TeV

3.8.2 Smearing and Contaminations

So far, we provide the uncorrected distribution in pp collisions, however the distribution is
smeared by detector effects because of that we have non-ideal efficiency and finite resolution
which is shown Fig.3.3. In addition, there are contribution of contamination charged particles
which is not produced via fragmentation like decay from neutral mesons called Dalitz decay.
To extract contribution meaningful physical particles in the jet-particle correlation, we have to
estimate the ratio of physical particles in reconstructed particles. In general, the jet momentum
also corrected due to such kind effects but in this analysis we don’t correct jet momentum scale.
The reason is we would like to compare the correlation within same reconstructed jet momentum
scale. Actually we did not compare corrected distribution in pp collisions with un-corrected
distribution in Pb-Pb collisions to let the effects cancel. But it’s useful to understand physics
information in jet-particle correlations.

By the relation we can estimate the detector smearing effects and the contaminations con-
tribution in the distributions using Monte Carlo events from the relation. Fig.3.22 shows the
smearing effects in reconstructed tracks and the contaminations ratio with respect to total gen-
erated particles in jet-particle correlation within triggered leading jet momentum range. And we
can estimate the ∆φ distribution of reconstructed physical particles applying correction factors
which is shown by bottom figures in Fig.3.22. It is applied for only the inclusive yield for each
trigger leading jet momentum range.If the correction factor is not applied the figure should added
tag ”Uncorrected”.

When we compare the ∆φ distribution in pp to compare the yield in Pb-Pb, we modified the
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∆φ distribution in pp as that the di-jet event is reconstructed in huge background to minimize
background effect when comparing with the yield in Pb-Pb. We will describe background effects
in jet particle azimuthal correlation in Sec.4.3.1.
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Figure 3.22: Top : Yield ratio to provide smearing effects by detectors
and contribution of contamination particles in jet-particles az-
imuthal correlation, Bottom : Scaling factor to correct detector
smearing effects and contamination contribution for each asso-
ciate momentum range

3.9 Background Subtraction for Jet-Particle Correlation

Before we show the results of jet-particle correlation in Pb-Pb collisions, let us explain how to
remove the background effects from ∆φ distribution with respect to jet axis in huge background.
As we explained in Sec.3.6 we can estimate background momentum contribution as Eq.3.13 in
general. In jet-particle azimuthal correlation study, we can calculate the area of bins of histograms
from width of x-bin and range of η acceptance. In this analysis acceptance of associate particles
is chosen |η| < 0.9 which is limited by acceptance of global tracking. So the are of bins is given by
Areabin = 2π/Nbin×1.8, where Nbin is number of bins in ∆φ. However we divided the momentum
region of the associate particles into four bins. Background density is different for each associate
particle momentum range. Therefore we need to estimate the background momentum density
for each associate momentum region as same as Sec.3.6.

Fig.3.23 shows background momentum density which comes from flat component, 2nd order
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Figure 3.23: Background momentum density for each term in each momen-
tum region of associate particles

component and 3rd order component for each momentum regions of associate particles. In the
first figure from left,the momentum range is limited compared with the other. That is why the
momentum density is smaller than the other. However in figure for the other momentum region,
we can not see much difference. That suggest us background momentum is almost come from
the particles which momentum less than 3.0 GeV/c.
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Figure 3.24: ∆φ distribution of momentum of associate particles as a func-
tion of their axis with respect to jet axis before background
subtracted from associate momentum distribution

Fig.3.24 shows the ∆φ distributions with respect to the leading jet axis for each centrality
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before background subtracted from the associate momentum distribution. We can see offset of
underlying events with centrality. That offset comes from background particles which is generated
by thermal bulk.
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Figure 3.25: ∆φ distribution of momentum of associate particles as a func-
tion of their axis with respect to jet axis after background sub-
tracted from associate momentum distribution

Checking of the method to subtract background momentum from jet-particle correlation
distribution can be cross-check of the background subtraction for reconstructed jet momentum.
If the subtraction are not working for the jet measurements, it also don’t work to subtract
background momentum from distribution of jet-particle correlation. Fig.3.25 shows distribution
of jet-particle correlation after background subtraction. As the figure shows, the background
momentum looks subtracted for each centrality. As we can see, almost offset which we saw in
Fig.3.24 is subtracted. That confirm our background subtraction works well.
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Figure 3.26: ∆φ distribution of momentum of associate particles as a func-
tion of their axis with respect to jet axis for embedded PYTHIA
di-jet into Pb-Pb events

We also try the method for data which is embedded PYTHIA di-jet event as we described in
Sec.3.6. To see behavior the method that PYTHIA di-jet into events of Pb-Pb collisions, we em-
bedded jets which is generated by PYTHIA and reconstructed by GEANT3 in pp-configuration
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into events in Pb-Pb collisions at
√
s = 2.76 TeV.

To see background behavior in jet-particle correlation of PYTHIA embedded data we apply
event selection as following,

• Di-jet event selection

• Matching axis ∆R(jetlead−reconstructed − jetlead−embedded) < 0.3

Fig.3.26 shows yield of jet-particle correlation for embedded PYTHIA jets which recon-
structed from data of Pb-Pb for each centrality. As we had seen the behavior to subtract
background the distribution of PYTHIA which is embedded to Pb-Pb data.The background
subtraction method looks completely working for jet-particle correlation measurements, as we
mentioned that the result conform background subtraction for reconstructed jet momentum also
should work.
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Figure 3.27: jet-particles azimuthal correlation in the momentum range of
leading jet 20 < plead−jet

T < 40 GeV/c for each centrality and for
each associate momentum range. It is plotted the result with
three back ground subtraction method. Blue line shows the
distribution with only flat background subtraction. Violet line
shows the distribution with flat and elliptic flow subtraction.
And green line shows the distribution with flat , elliptic and
triangular flow subtraction.

However we have to mention about base line of the distribution is smaller than zero in mid-
central and mid-peripheral on Fig.3.25. And we can not see over subtraction which is appeared
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in Fig.3.25. We are investigating the issue now. And it might be solved by tuning of parameters
for the background estimation. But the effects might come from physics effects. In this analysis
we keep the case because when we compare the yield of Pb-Pb with pp which is reconstructed
in huge background, the effects can be ignore because almost technical systematic uncertainty
should be canceled.

We checked contribution of background for each term in jet-particle correlations. The jet-
particle correlations for each centrality and for each momentum range of the associate particles
is shown in Fig.3.27. We test three background estimation. The first one is only flat background
subtraction for jet reconstruction and momentum weighted azimuthal distribution(blue line).
The second method is considered flat term and elliptic flow term in background estimation(violet
line). And the last one is considered flat, elliptic flow and triangular term in background(green
line). Violet line and green line are almost over rapped for all centrality and all momentum
range of associate particles. There are clear difference between blue line and the others in low
momentum range in the mid-central and the mid-peripheral. That results confirm that flow push
the momentum of reconstructed jet. And magnitude of pushing by triangular is smaller than the
magnitude of pushing by elliptic flow.

3.9.1 Systematic Uncertainties

In this analysis, we scale momentum weighted azimuthal distribution by number of triggered
events. Therefore systematic uncertainty which come from trigger efficiency is canceled as def-
inition. And, we have fine jet axis resolution and track axis resolution, so the effects can be
ignorable.

It is considered as systematic uncertainties in jet particle azimuthal correlation as following.

• Momentum resolution of global track reconstruction ±5%

As we seen in right figure of Fig.3.3, the maximum momentum resolution of tracks is
10%. In this measurement, we add 5% uncertainty in the systematic uncertainty to get
conservative results.

• Reconstruction efficiency of global track reconstruction ±5%

The statistical error in the track reconstruction efficiency can be systematic uncertainty,
the maximum statistical errors in both of pp collisions and Pb-Pb collisions are around 3%.
In this analysis, we added 5% uncertainty in the systematic error.

• Contaminations ±1% with respect to the distribution

It are contained charged particles from gamma conversion and neutral particle decay about
6% in the low momentum region 2% in the high momentum region with respected to all
reconstructed particles. In this analysis, we add 1% with respect to the yield of momentum
weighted azimuthal distribution into systematic error for the contaminations.

• Momentum scale in jet reconstruction ±10%

For the momentum of reconstructed jets, the jet momentum scale can be changed by the
momentum scale and the efficiency of the charged track reconstruction. And it is possi-
bility to change the jet momentum by species of jet finding algorithm, parameters of the
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algorithm. In pp collisions, we correct the distribution to extract meaningful information
of the physical particles. And the correction factor was estimated using Monte Carlo event.
Therefore we have to take into account the difference of data and Monte Carlo. We lump
these kind of effects in the jet momentum scale. In this analysis, we estimate uncertainty
in the jet momentum scale ±10%.

For Pb-Pb collisions, we don’t apply any correction. So we don’t have to consider the
difference of data and Monte Carlo. However we have uniform back ground like as the
underlying event and the soft particles from the thermal bulk. The average difference of
the flat background density is ±1 GeV/c for all centrality except peripheral. And the
average area of the reconstructed jets are 0.5. So the jet momentum can be changed in
the range ±0.5 GeV/c. To cover the range we keep ±10% for the jet momentum scale in
Pb-Pb collisions.

• Flat back ground density for associate particles ±1GeV/c (in Pb-Pb collisions)

The background density of the flat term affect not only the jet momentum but also the asso-
ciate particles yield. The uncertainty comes from the method of the background estimation
and their parameters. We estimate the systematics uncertainty 1 GeV/c by Fig.3.11. And
in the peripheral we decrease 2 GeV/c per unit η-φ space.

• Anisotropic back ground density ±5% for 2nd and 3rd order (in Pb-Pb collisions)

In Pb-Pb collisions, we have non-uniform background, we also add for each term 5% which
estimated by the maximum difference in Fig.3.11.



Chapter 4

Results and Discussions

In Chapter.3, we have described the detail of the analysis method of the jet measurements in
ALICE and the jet-particle azimuthal correlations. In this chapter, we show the physics results
in the jet-particle azimuthal correlations to extract the information of jet modification in Pb-Pb
collisions. We show the distributions in pp collisions, followed by those in Pb-Pb collisions.

In the studies at CMS experiment, the missing momenta with respect to the di-jet axis
have been measured to understand the particle re-distribution phenomena by jet modification.
In the measurements by CMS, the momentum of particles are canceled out which distribute
opposite direction along the di-jet axis to cancel out the background effects along di-jet axis like
elliptic flow although the momentum of particle has the information of jet modification. And the
measurements also do not provide the properties of jet, like spread angle, fragmentation function,
and average momentum of the leading jets and the sub-leading jets.

In contrast, in this measurements, we can see average momentum of the jets and the particle
distribution in the leading jet and the sub-leading jet individually with spread angle. Therefore
we can extract jet properties in di-jet. And we also can extract jet modification effects in jets
comparing the distribution in Pb-Pb collisions with those in pp collisions.

4.1 Jet-Particle Correlations in Proton-Proton Collision

First of all, we check behavior of the jets in pp collisions as a reference. Especially we provide
momentum of the leading jet dependence of the jet shape. The momentum dependence is com-
pared with the results on Pb-Pb collisions. And then we check the di-jet properties dependence
to see more detail of jets in pp collisions, like particle multiplicity in the leading jets and the
di-jet momentum asymmetry. We do not engage in deep discussion in this thesis, but these di-jet
properties dependence are nice reference of jet modification in Pb-Pb collisions.

4.1.1 Leading Jet Momentum Dependence

Let’s have a look at the momentum dependence of the corrected yield of the jet-particle azimuthal
correlations. The detail of the measurements are described in Sec.3.8.

Fig.4.1 shows the momentum weighted azimuthal distributions of associate particle with
respect to the leading jet axis for each momentum region of the associate particles; the lowest
momentum bin is 0.15 < passo

T < 1.5 GeV/c, the following bin is 0.15 < passo
T < 3.0 GeV/c, the

82
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Figure 4.1: Momentum weighted azimuthal distribution of associate parti-
cles with respect to jet axis for each momentum range of leading
jet at

√
s = 2.76(Top) and 7 TeV(Bottom), divided into three

leading jet momentum region

2nd highest bin is 0.15 < passo
T < 4.5 GeV/c and the highest bin is 0.15 < passo

T GeV/c. We also
divide the momentum range of the leading jet into three bins; the lowest bin of jet momentum
range is 10 < plead

T < 20 GeV/c, the following bin as 20 < plead
T < 40 GeV/c and the highest bin

as 40 < plead
T < 80 GeV/c. Due to the statistical limit, we only show till the 2nd momentum bin

for
√
s = 2.76 TeV.

The systematic uncertainties(see Sec.3.9.1) are described in the lower small panel of the
figures. As we look at the uncertainties, the uncertainties in lowest momentum bin of associate
particles(0.15 < passo

T < 1.5 GeV/c) shows 10% in all azimuthal range with respect to the leading
jet axis(∆φ). But the uncertainties of the highest bin(0.15 < passo

T GeV/c) shows around 20%
in close to the near-side peak and the away-side peak and around 10% in between the near-side
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peak and the away-side peak.
As seen in the three bottom figures of Fig.4.1, the ∆φ distribution at

√
s = 7 TeV shows that,

the near-side peak become higher with the increasing the leading jet momentum and the fraction
of the high momentum particles also looks increasing with the leading jet momentum. On the
other hands the distribution of the lower momentum bin of associate particles does not strongly
depend on the leading jet momentum. This fact indicates that the fragmentation function(see
Eq.1.34) in low momentum particle does not strongly depend on the jet momentum because the
fraction of each momentum bin of the associate particle strongly related to the fragmentation
function. The behavior also can be seen in the away-side peak. The distributions at

√
s = 2.76

TeV which are shown on top in Fig.4.1 has same behavior of bottom figures.
The summary of the momentum dependence of the leading jet as following.

• The peak height of the near-side and the away-side become higher with the increasing jet
momentum.

• The fraction of the high momentum particles is increasing with the leading jet momentum.

• The fraction of the low momentum particles do not strongly depend on the leading jet
momentum.

• The distribution in pp at
√
s = 2.76 TeV looks similar to the distribution at

√
s = 7 TeV.

4.1.2 Mlead−jet
ref. and Aj Dependence in Jet-Particle Correlation
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Figure 4.2: left : the distributions of multiplicity of constituents particles
in leading jet, Mlead−jet

ref. normalized by total entry of the dis-
tribution, center : the distributions of di-jet momentum asym-
metry Aj = (psubleading

T − pleading
T )/(psubleading

T + pleading
T ), right :

correlation of the constituents multiplicity and the momentum
asymmetry

Let’s explore in more detail of the di-jet properties. We see two type of properties; con-
stituents particle multiplicity in the jet Mlead−jet

ref. and di-jet momentum asymmetry Aj . First
property is the constituents particle multiplicity dependence in the leading jet. The number
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of constituents in the jets depend on parton species of the seed of the jets. It is known that
gluon jets tend to have high multiplicity than quark jets[42]. Therefore the dependence of the
properties provide knowledge of seed parton. It is also important to check effects of particle
fluctuation in the distributions when we measure for the huge particle multiplicity events like
Pb-Pb events. And the latter property is the di-jet momentum asymmetry Aj dependence. It is
also important to check, because, we might use the di-jet momentum asymmetry to control the
pass length in Pb-Pb collisions. The dependence is useful reference to investigate the effects. For
the measurements we only provide the results of the distributions within the momentum range
of the leading jet 20 < plead

T < 40 GeV/c at
√
s = 7 TeV due to statistical limit of di-jet event

at
√
s = 2.76 TeV. And for the study we do not apply any correction to the distributions. We

describe the dependence of the particle multiplicity in the leading jet at first. Then we provide
the dependence of the di-jet momentum asymmetry.

Fig.4.2 shows the properties of the di-jet which are analyzed. The left figure shows the
distributions of multiplicity of the constituents particles in the leading jet, Mlead−jet

ref. normalized
by total entry of the distribution. And the center figure shows the distributions of the di-jet
momentum asymmetry, Aj = (psubleading

T − pleading
T )/(psubleading

T + pleading
T ) normalized by the

entry.
The average value of the highest momentum bin of the leading jet is larger than the value of

the lowest momentum bin of the leading jet in the both figures the left and the center in Fig.4.2.
This indicate the constituents multiplicity and the momentum asymmetry is increasing with the
momentum of the leading jet. According to the right figure of Fig.4.2, The average of Aj goes
up with Mlead−jet

ref. that means, the di-jet momentum asymmetry increase with the multiplicity.

Mlead−jet
ref. dependence
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Figure 4.3: Jet-particles azimuthal correlations shown for three bins of
the constituents multiplicity in the leading jet Mlead−jet

ref. at pp√
s = 7 TeV, the left for 1 < Mlead−jet

ref. < 7, the center for
7 < Mlead−jet

ref. < 10, the right for 10 < Mlead−jet
ref.

At first, we see the multiplicity dependence in the leading jet. We divide the center figure
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of bottom in Fig.4.1 into three multiplicity bins of the constituents particles in the leading jet
Mlead−jet

ref. . The smallest bin provide the distribution in the range of Mlead−jet
ref. , 1 < Mlead−jet

ref. < 7.
The range of following bin is 7 < Mlead−jet

ref. < 10. The range of last bin is 10 < Mlead−jet
ref. .

The features we can get from Fig.4.3 are the following,

• The width of the near-side and the away-side peak seem to be broader with Mlead−jet
ref. ,

• The fraction of the high momentum particles is decreasing with Mlead−jet
ref. ,

• The momentum of the background particles is slightly increasing with Mlead−jet
ref. .

If we trigger the high multiplicity jets, shape of the jets is broader, and the leading jets tends
to be triggered in the high multiplicity events. It is interesting that not only the peak is broader
and the fraction of the high momentum particles is lower in near-side but also in the away-side.
That can be understood as that, the probability of gluon jets are higher in the high multiplicity
jets because gluon jets fragment with high particle multiplicity compared with quark jets[42].

Aj Dependence

We also see the dependence of momentum asymmetry Aj . We divide the center figure of bottom
in Fig.4.1 into three Aj bins. The smallest bin provide the distribution in the range of Aj ,
0 < Aj < 0.19. The range of the following bin is 0.19 < Aj < 0.38. The range of the last bin is
0.38 < Aj.
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Figure 4.4: Jet-particles azimuthal correlations shown for three bins of di-
jet momentum asymmetry Aj in pp collisions at

√
s = 7 TeV,

the left for 0 < Aj < 0.19, the center for 0.19 < Aj < 0.38, the
right for 0.38 < Aj.

The summary of Fig.4.4 is following,

• The height of the away-side peak is lower and width is broader with Aj ,

• There are no much difference in shape of the near-side in all Aj bins, but the peak of the
near-side is slightly higher with Aj .
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The peak of the away-side in Fig.4.4 is lower and width is broader with Aj . That dependence
comes from that if we select the large asymmetrical di-jet, average momentum of sub-leading jet
should be lower. That is how we trigger low momentum jet as the sub-leading jet. And if we
select such di-jet sample, average momentum of the leading jets also be higher relatively. That
the reason why the peak of the near-side looks slightly higher with increasing Aj . In prospective
measurements, we might classify the di-jet events using the momentum asymmetry to control
pass length, the results should be the references for the future measurements.

4.2 Jet-Particle Correlations in Pb-Pb collision

Let us begin to show the results of the jet-particle correlations in Pb-Pb collisions. The anal-
ysis detail of the jet-particle correlations in Pb-Pb collisions is in Sec.3.9. In this section, we
provide the results to know as much about the picture of jet modification in Pb-Pb collisions
due to interaction between partons from hard scattering and constituents partons of hot/dense
matter. In this measurements, we focus on the leading jet momentum dependence, the centrality
dependence and the angular dependence with respect to the event plane. For the measurements
we shed light on the knowledge of pass length dependence of the jet modification. As we have
explained in Sec.3.2 and Sec.3.3, in the experiment, we control collision geometry by the central-
ity and the event plane. Therefore we can assume the pass length of the parton by the collision
geometry and the jet axis with respect to the event plane. In the latter section we discuss particle
re-distribution due to jet modification comparing the results on Pb-Pb collisions with the results
of pp collisions.

4.2.1 Leading Jet Momentum Dependence

As well as the measurements in pp collisions, we check the momentum dependence of the leading
jet in the jet-particle correlations in Pb-Pb collisions. Fig.4.5 shows the momentum weighted
azimuthal distributions of the associate particles with respect to the leading jet in central colli-
sions(top) and mid-central collisions(bottom). The systematic uncertainties are described in the
lower panel of the figures.

In the near-side peak, it is denoted the same trends in the near-side peak in pp collisions
as follows. The height of the peak become higher with the leading jet momentum. And the
momentum fraction of high momentum particle also increases with the increasing the jet mo-
mentum. The shape of the correlation in low-momentum particles looks similar for all the leading
jet momentum region. In away-side, the height of peak also increase as well. The fact confirm
the away-side peak is not made by only the background particles fluctuation, even if the shape
of away-side do not looks like jet. If all the sub-leading jet come from the background particles
fluctuations, the away-side peak should not increase with increasing the leading jet momen-
tum. These picture in away-side consistent the picture of measurements by CMS. However it is
still unknown, how to be thermalized high momentum particles to low momentum particles in
jets, because we still don’t know the effects of thermal bulks fluctuation and flow effects in the
measurements.

The summary of the section is following,
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Figure 4.5: Jet-particle azimuthal correlations after background subtrac-
tion in the central collisions(top) and the mid-central colli-
sions(bottom) for each the leading jet momentum

• The height in the near-side and away-side peak is higher with the increasing momentum of
the leading jet,

• The fraction of the high momentum particles is increasing with the momentum of the
leading jet.

4.2.2 Centrality Dependence

Let’s see the ∆φ distributions which are shown in Fig.3.25 again. The left four figures in Fig.4.6
are the same figures in Fig.3.25 and the right most figure shows the distribution in the same
momentum range of the leading jet in pp collisions at the same collision energy. The systematic
uncertainties are described in lower small panel.

As we see, the near-side peak and the away-side peak are getting sharper from the left to
the right. And the fraction of the high momentum particles in the near-side and the away-side
are also increasing compared with the left figure. That means, jet modification is stronger in
the central collisions. And the average pass length of partons should be longer in the central,
because system size is larger in the central collisions compared with the peripheral. The fact
indicates, jet modification is stronger with the pass length of partons in the QGP. The yield in
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the peripheral which is the 2nd figure from right looks similar to those of pp collisions. This
is because the peripheral collisions are considered to almost be super position of multiple NN
collisions. The shape of the mid-peripheral(at center) looks different compared with the shape
of the peripheral(2nd right) and the left three figures looks similar compared with next figure of
the three. This may imply a possibility that jet modification effects may saturate in rather short
pass length.

0 2 4

 (
G

eV
/c

)
pa

rt
ic

le

T
p Σ

0

5

10

15

20 centrality 0-5%

<40 GeV/clead-Jet

T
20<p

0 2 4

-4
-2
0
2
4 0 2 4

0

5

10

15

20 centrality 5-30%

Uncorrected

Pb-Pb @ 2.76TeV

0 2 4

-4
-2
0
2
4 0 2 4

0

5

10

15

20 centrality 30-60%

 GeV/c
asso.

T
0.15<p

<4.5 GeV/c
asso.

T
0.15<p

<3.0 GeV/c
asso.

T
0.15<p

<1.5 GeV/c
asso.

T
0.15<p

0 2 4

-4
-2
0
2
4 0 2 4

0

5

10

15

20 Systematic Uncertainty

 GeV/c
asso.

T
0.15<p

<4.5 GeV/c
asso.

T
0.15<p

<3.0 GeV/c
asso.

T
0.15<p

<1.5 GeV/c
asso.

T
0.15<p

0 2 4

-4
-2
0
2
4

0

5

10

15

20

pp @ 2.76TeV

This Work

(Jet-Particle) radφ∆
0 2 4

-4
-2
0
2
4

Figure 4.6: The momentum weighted ∆φ distribution of the associate par-
ticles with respect to the leading jet axis in Pb-Pb collisions at√
s = 2.76 TeV. The distributions are shown for centrality bin of

0-5%(left), 5-30%(2nd left), 30-60%(center), 60-90%(2nd right) .
And the most right figure shows the distribution in pp collisions
as a reference

Fig.4.7 shows the peak height and the width of the near-side of ∆φ distributions of the jet-
particle correlation as a function of the momentum range of the associate particles. To determine
the height and the width we fit gaussian function to the near-side peak. The widths of the near-
side peak as a function of associate passo

T for each centrality are shown in the top two figures. The
bottom figures shows the height of the near-side peak as a function of passo

T for each centrality.
We divide the momentum range of the leading jet into two bins, the lower momentum bin is
10 < plead

T < 20 GeV/c, and the higher momentum bins is 20 < plead
T < 40 GeV/c.

As seen Fig.4.7, the width of the near-side peak is getting narrow with the momentum of
the associate particles in all the centrality. In the peripheral collisions, the width of the near-
side is sharper than the width of the other centrality. And there are not much momentum
dependence of the leading jet. The trend is also seen in pp collisions (Fig.3.21). In Fig.4.7, we
can see the centrality dependence of the peak height. In peripheral collisions, the peak height is
getting higher with the momentum of the associate particles passo

T . The height of the near-side
in the peripheral has the same trend of pp collisions(Fig.3.21). This confirm the leading jet in
the peripheral collisions has similar behavior to the leading jet in pp collisions. In contrast, in
the central collisions, clearly different behavior is seen from pp collisions. The peak height is
decreasing with the decreasing passo

T both momentum ranges of the leading jet. And the height
of the low momentum range of the associate particles in the central collisions is higher than the
height in the peripheral collisions. In contrast, the height in central collisions is lower than the
height in the peripheral collisions in the high momentum region of the associate particles. It is
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considered that the fraction of the high momentum particles is suppressed and the fraction of
the low momentum particles is enhanced by jet modification effects.
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Figure 4.7: Top : the width of the near-side peak as a function of momen-
tum range of the associate particles passo

T for each centrality,
divided into two momentum ranges of the leading jet. Bottom
: the height of the near-side peak as a function of passo

T for each
centrality. The width and the height are estimated by fitting
gaussian function

4.2.3 Dependence of Azimuthal Angle with respect to the Event Plane

Jet-particle azimuthal correlation is useful tool to understand bias of flow in jet reconstruction
and the pass length dependence of jet modification in the QGP. In heavy ion collisions, there
are anisotropy in the particle distribution with respect to the event plane as seen Sec.1.4.3. If
we trigger the jets that the axis point to the event plane, the reconstructed jet momentum is
pushed up by the flow, in contrast, we choose jets which point to the out-of plane we have jet
sample which non-pushed momentum up by the flow.

We estimate the backgrounds which come from the uniform background, the elliptic flow and
the triangular flow individually (see Sec.3.6). Therefore we can see the flow effects on jet shape
for each term.

We provide two type of the yields for the each jet axis class with respect to the event plane on
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Figure 4.8: jet-particles azimuthal correlation in the momentum range of
leading jet 20 < plead−jet

T < 40 GeV/c for each centrality and for
each associate momentum range. In this figure, it is estimated
back ground effects of elliptic flow and triangular flow comparing
yield with only flat background subtraction and full back ground
including elliptic flow and triangular flow.

Fig.4.8; the first one is the ∆φ distribution with only flat background subtraction, the 2nd one
is the ∆φ distribution with full background subtraction including the elliptic flow term and the
triangular flow term. As seen the flat only subtracted yield for the in-plane and for the out-plane,
the results still has flow effects from 2nd order and higher orders. On the other hands when we
see the yield which subtracted the background effects including the 2nd order and the 3rd order,
that all background effects should be subtracted, therefore the flow effects in ∆φ distribution is
minimized but the pass length dependence of jet modification should be still there.

As shown in the most left figures on 2nd from top and 3rd from top, there are drastic
difference between the distribution for the in-plane and the out-plane with only flat background
subtraction. The heights of peak in the near-side peak and the away-side for the in-plane are
higher than the height for the out-plane. In contrast, the distributions for the in-plane and
the out-plane with full background subtraction are almost overlapped. This fact indicate that
elliptic flow push momentum of jets up which axis point to the event plane, but pushing effects
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in the distribution by the anisotropic flow are minimized using the background subtraction
method. And the difference of the distribution between for the in-plane and for the out-plane with
only flat background subtraction looks stronger in low momentum region of associate particles,
in particular, at the mid-central and the mid-peripheral. This is consistent, flow effects in
momentum distribution are stronger in the low momentum particle region, and the elliptic flow
is stronger at the mid-central and the mid-peripheral.

Summary from the event plane dependence in the ∆φ distribution is following,

• The background subtraction method is working to reduce background effects including the
anisotropic flow effects in jet measurements,

• Elliptic flow push momentum of jets up which axis point to the event plane,

• The effects of elliptic flow is stronger in the low momentum region of the associate particles,
in particular, at the mid-central and the mid-peripheral.

4.3 Discussions

So far, we have seen the jet momentum and the shape of jets using jet-particle correlation in pp
and Pb-Pb collisions. In particular, we focus jet momentum dependence, centrality dependence
and azimuthal dependence with respect to the event plane. Before starting the discussion, we
would like to bring up what we know and the issue we have to know. Here is the list.

• The fraction of the high momentum particles depends on the jet momentum

• Jet modification looks depending on the centrality

• Jet modification effects may saturate in rather short pass length.

• Jet momentum scale in Pb-Pb collision can be different from the scale in pp collisions by
jet modification and background particles.

• Momentum weighted azimuthal distributions with respect to the jet axis can also be
changed due to jet modification and background particles

4.3.1 Background Effects in Jet-Particle Correlation

In this measurements, we subtract background momentum from the associate particle distri-
butions. However the fluctuation effects from backgrounds of huge particle density are still
unknown. Therefore, in order to extract information of particle re-distribution by jet modifica-
tion, we have to estimate the fluctuation effects in Pb-Pb collisions. But we can not divide the
effects from jet modification effects in jet-particle correlation in Pb-Pb collisions. To estimate
the effects, we try to reconstruct jets which is generated by PYTHIA in huge number of particles
and see modification in the ∆φ distributions of the associate particles.

Fig.4.9 shows ∆φ distributions which are reconstructed embedded PYTHIA di-jet in data of
Pb-Pb collisions. Details of the method are described in Sec.3.9. The most right figure on the top
shows the embedded PYTHIA events, and the left four figures shows the yield of reconstructed
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Figure 4.9: Jet-particle correlation of PYTHIA di-jet which embedded to
data and scaling factors to modify the yield in pp collisions to
include the background flow effects into the distribution. Top
: Jet-particle correlation of PYTHIA di-jet for each centrality
and of embedded PYTHIA di-jet. Bottom : Scaling factors to
include background flow effects into jet-particle correlation in
pp collisions.

PYTHIA jet in Pb-Pb collisions for each centrality. In the left figures, the background momentum
in jets (see Fig.3.14) and the modification of the distribution due to background particles are
included. If we divide the left four figures by the most right figure, we can get the scaling factors
by background effects as seen in bottom figures of Fig.4.9. Then now, we get scaling factors to
apply background particle effects the results of pp collisions. If we apply the scaling factors, we
get the yield when we embed jets in pp into huge background of Pb-Pb environment.

The left four figures in Fig.4.10 shows the modified distributions of ∆φ distribution in pp
collisions by scaling factors which are shown in bottom figures of Fig.4.9. And the most right
figure in Fig.4.10 shows the ∆φ distributions before applied scaling factors. It is included effects
of the huge background particle into the ∆φ in pp collisions including the combinatorial jets
effects applying the scaling factors.

The fraction of the low momentum particles is enhanced in the central. And width of jet
in the near-side and the away-side are wider in the central. And the modification effects looks
stronger in the central compared with the peripheral. In addition, the shape of the away-side in
the central collisions in Fig.4.10 is similar to the shape of the away-side in central collisions in
Fig.4.6. That indicate, we can assume background effects correctly, and the shape modification
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Figure 4.10: jet particle correlation modified by scaling factor which is
shown in bottom figures of Fig.4.9 for each centrality.

of the away-side in the central is determined by the fluctuation of background particles. Then
we finished to prepare to compare the ∆φ distributions of Pb-Pb and pp collisions to extract jet
modification effects.

4.3.2 Systematic Uncertainties for PYTHIA di-jet embedded events

We have to consider systematic uncertainties for the embedded di-jet sample. It is considered as
systematic uncertainties for embedded PYTHIA as following.

• Momentum resolution of track reconstruction ±5%

• Reconstruction efficiency in global tracking −5%

• Contaminations ±1% with respect to the yield

• Momentum scale in jet reconstruction ±10%

• Flat back ground density for associate particles ±1GeV/c (+1, -2 GeV/c for peripheral in
20 < plead

T < 40 GeV/c)

• Anisotropic back ground density ±5% for 2nd and 3rd order

Almost same uncertainties in Pb-Pb collisions are considered for embedded PYTHIA. How-
ever, we knows tracking efficiency in Pb-Pb collisions is 5% wroth with respect to the efficiency
in pp collisions. In this measurements, we embedded PYTHIA di-jets which are reconstructed
in low tracking multiplicity environment by GEANT. So we apply the uncertainties for only the
embedded jets sample.

4.3.3 Particle Re-distribution

To extract information of the particle re-distribution effects by jet modification. We compare
the yield of momentum weighted ∆φ distributions in Pb-Pb collisions and pp collisions which
are scaled for the background fluctuation effects. The difference of the yields can be calculated
as following (see Appendix.A),
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If we calculate the difference for each momentum region of associate particles, we can see shift
of the fraction of the particles in Pb-Pb collisions. The shift indicate particle re-distribution due
to jet modification by parton interaction in hot/dense matter.
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Figure 4.11: Top : Jet-particle correlations in Pb-Pb collisions for each cen-
trality. Center : jet-particle correlations in pp collisions which
are modified to include background flow effects and background
jets effects into the yield of pp collisions. Bottom : Difference of
the distribution of Pb-Pb collisions and pp collisions. The dis-
tribution provide jet modification effects in momentum range
of the reconstructed jet 20 < plead

T < 40 GeV/c

The top four figures of Fig.4.11 provide the ∆φ distributions with respect to leading jet axis
shown in the momentum range of the reconstructed jet 20 < plead

T < 40 GeV/c in Fig.4.6(YPb−Pb).
And the left four figures in the middle are the yields of pp collisions applied the scaling factors(Ypp),
and the original distributions are the most right in the middle. The fraction of high momentum
particles in the peak in the near-side and the away-side on the top figures looks suppressed com-
pared with the fraction in the peaks on the middle figures for all centrality. If we have a look
the away-side shape in central(most left figure) the shape looks not peak in the top figures but
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we can see similar shape in the middle figures. That indicate, the embedding method works well
to estimate the fluctuation of background particles in the ∆φ distribution and the away-side jets
are made by the fluctuation of background particles.

If we compare the top figures and the middle figures in the same centrality range, we can
see jet modification effects in the near-side and the away-side. The bottom figures shows the
differences of the top and the middle figures. The differences provide the ∆φ distributions of the
re-distributed particles due to jet modification. In the middle figures, background effects which
come from the background flow and the background jet are included in the ∆φ distributions
and the reconstructed jet momentum. So the effects of backgrounds in the bottom figures are
minimized when we subtract the distributions in the middle(Ypp) from the top(YPb−Pb). Then
we can see clearly which momentum in the azimuthal angle with respect to jet axis are decreased
and which momentum in the angle are increased by jet modification.

According to the bottom figures in Fig.4.11, the difference of the yields of Pb-Pb and pp in the
high momentum particle makes valley and in the other momentum bin of the associate particle
makes peak at ∆φ = 0 and = π for all the centrality. And it looks balanced of the decreased
momentum in the high momentum region of the associate particles and increased momentum in
the low momentum region. Then we can see the width in the low momentum of particles looks
wider compared with the width of distribution in the high momentum of particles. And the low
momentum particles looks re-distributed into large spread angle compared with cone radius.

Through the measurements, we get the signal of the suppression of the high momentum par-
ticle production and the enhancement of the low momentum particle production. And the total
momentum of the suppressed particle production and the enhanced particle production is almost
balanced. That indicate, the decreased momentum of the high momentum particle production
is re-distributed to produce particles in the low momentum range. And the spread angle of the
re-distributed particles is larger than the azimuthal range of the missed high momentum parti-
cles. The trend that the production of the high momentum particles are suppressed is consistent
with the results of modification in the two particle correlation which are shown Fig.1.11. And
it also consistent with the results of the missing momentum measured by CMS which are shown
in Fig.1.14, that the low momentum particles are re-distributed with the large spread angle. As
just explained, the results are qualitatively-consistent with the previous measurements. We see
jet modification in the leading jet and the sub-leading jet individually, we confirm the jet modi-
fication effects are not only in the away-side but also in the near-side. That issue was unknown,
because ALTAS and CMS measured relative missing energy(or momentum) between the leading
jets and the sub leading jets.

It is interesting that the modification effects looks almost same in between the central and
the mid-peripheral. That indicate it is one of possibilities in the jet modification pictures that
the jet modification has pass length dependence but the effects saturate in rather short pass
length. To investigate more detail, we have to compare the distributions in the same momentum
range of initial parton jet. In this analysis, we compare the distributions in the same momentum
range of reconstructed jet which is included jet modification effects. That means, we compare the
distribution in the different momentum ranges of initial parton jets which are not effected by the
jet modification. That is why, the saturation effects might come from the cocktail of the difference
of energy range of initial parton jet and the surface trigger effect due to the jet modification.
After carefully observing the centrality dependence, jet modification looks gradually decreasing
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from central to mid-peripheral. In this measurements, we regard the particles distributed to
almost uniform with respect to the jet axis as the background particles. The effects can be
the cause to change scale of the jet momentum and we might subtract the momentum of the
re-distributed particles as background. And the effects can be seen in the away-side though the
effects looks smaller in the near-side. To investigate, the issue it is needed to measure in same
momentum range in initial parton jet.
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Figure 4.12: ∆φ distribution of re-distributed particles in momentum range
of reconstructed jet 10 < plead

T < 20 GeV/c in top figures,
20 < plead

T < 40 GeV/c in bottom figures

Fig.4.12 shows pp-distribution subtracted momentum weighted azimuthal distribution for
each the leading jet momentum. In the top figures, jets in the momentum range 10 < plead

T <

20GeV/c is chosen as trigger jet. And in bottom figures, the momentum range of the leading jet is
20 < plead

T < 40GeV/c. In the range of the high momentum jets, the similar centrality dependence
is observed within the low momentum range of the leading jet. The differences between increased
momentum in the low momentum particles and decreased momentum in the high momentum
particles, become larger with the increasing leading jet momentum. That suggest us the jet
modification effects increase with the increasing jet momentum.

To investigate particle re-distribution by jet modification, we integrate the differences of
between the ∆φ distributions in Pb-Pb collisions and pp collisions. Fig.4.13 shows the integral
values as a function of the associate particle momentum for each centrality divided into the
two leading jet momentum range. Top figures shows the value of integral for the near-side the
range with respect to the leading jet is −0.5 < ∆φ < 0.5 rad, and the bottom figures shows
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Figure 4.13: Sum of momentum difference between jet-particle azimuthal
correlation of Pb-Pb and pp as a function of associate particles
for each leading jet momentum. Top figure shows it for near-
side peak (−0.5 < ∆φ < 0.5), and bottom for away-side (2.04 <
∆φ < 4.24).

for the away-side in the range 2.04 < ∆φ < 4.24. The integral value provide the total modified
momentum in the ∆φl range and momentum rage of the associate particle. And the gradient is
correlated to the strength of jet modification.

It looks balanced the decreased momentum in the high momentum range of associate particles
and the increased momentum in the low momentum range. In the near-side, the slope of the
peripheral is smaller than the slope of the other central region. That means, modification effects
are smaller in the peripheral collisions. For other centrality, it is almost same slope in systematic
error. If we compare right figure with left figure on the top. We can see slope is larger with the
momentum of the leading jet. In the away-side peak, we have large systematic uncertainties in
particular in the low momentum particle region. Therefore it’s is difficult to discuss the physics
for the away-side. However, if we compare the points for the mid-peripheral in the top figure
with the low figure, slope of the top figure is larger than the bottom. That confirm the total
modification effects depend on momentum of jets. So that we select lower momentum jets with
respect to the leading jet as the sub-leading jet.

4.4 Summary

The first data of pp and Pb-Pb collisions with highest energy in the world are analyzed for
jet measurements. Through the measurements, we conform the analysis method of jet-particle
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correlation is useful to investigate jet properties. Then we see jet properties in pp collisions and
Pb-Pb collisions using jet-particle azimuthal correlations.

In proton-proton collisions, we see momentum dependence of the leading jet, Mlead
ref. depen-

dence and Aj dependence in the jet-particle azimuthal correlations. We see that the jet shape
is sharper and the peak is higher with jet momentum, jet shape is broader with Mlead

ref. and the
shape is broader and the peak is lower in the away-side with in large Aj .

In Pb-Pb collisions, we check the leading jet momentum dependence, the centrality depen-
dence and the axis dependence with respect to the event plane in the jet-particle correlations.
We see that the jet shape is sharper and the peak is higher with jet momentum, the jet shape is
sharper and the higher is from the central collisions to the peripheral collisions and we can’t see
significant difference between the in-plane and the out-plane.

Finally, we extracted information of the particle re-distribution comparing the distribution
of Pb-Pb and pp collisions. By through the measurements, we got the knowledge as following.

• We can see particle re-distribution effects in the leading jet and the sub-leading jet indi-
vidually.

• The momentum fraction of the high momentum particles is suppressed due to jet modifi-
cation.

• The momentum fraction of the low momentum particles is enhanced due to jet modification.

• The missing momentum of high momentum particles re-distribute into low momentum
particles with large spread angle.

• The decreased momentum in high momentum region of the associate particles and increased
momentum in low momentum region looks almost balanced.

• Jet modification quantity is increase with the leading jet momentum.

• It is possibility of that jet modification effects saturate in the short pass length.

To investigate more detail of jet modification, it is need to compare the distribution of Pb-Pb
collisions and pp collisions in same momentum range of initial parton jet. To do that we have
to start to tune up event generators which consider jet modification to get information of jet
momentum scale due to jet modification. And this results, are the benchmark to tune up the
Monte Carlo, because we measure the modified momentum with their spread angle.



Chapter 5

Conclusion and Future

In the nature around us, quarks and gluons are confined in hadrons due to ”confinement of
quarks”. However, the coupling strength of the QCD between quarks and gluons is to be asymp-
totically weaker with the increasing their energy. At high temperature the quarks and gluons
move freely beyond the boundary of hadrons. Such high energy state is called Quark-Gluon
Plasma(QGP). To create such state on the earth, the ultra relativistic heavy ion collision is
unique tool.

It has been observed several signatures of the QGP formation at the Relativistic Heavy
Ion Collider(RHIC). Suppression of high momentum particles is one of the signatures. High
momentum particles are known to be produced in characteristic phenomena, jet , where high
momentum particle are produced in cluster. The jet is produced when parton in each projectile
is scattered with large momentum, followed by fragmentation into many hadrons.

It is considered that the cause of the suppression of high momentum particle is due to the
characteristic energy loss of the parton in the QGP. On the other hands, many low momentum
particles are formed at characteristic energy loss and the additional instead large angles from
original low momentum particles is often called modification of jet. In theoretical approach, the
energy loss and the shape modification of the jet is strongly relate to properties of hot/dense
matter particularly gluon density and initial temperature of the QGP. Therefore study of jet
modification is a good tool to investigate the properties of the QGP. Experimentally it is very
important to measure the energy loss together with the energy re-distribution at large angles.

At the RHIC, it is difficult to collect enough data because of its low rate. The production
cross-section of jet is strongly related to the collision energy. The Large Hadron Collider(LHC)
starts nuclear-nuclear collisions with highest energy from 2010. LHC provides good opportunity
to study the jet physics in heavy ion collisions to investigate parton interaction between jets and
the QGP with higher statistics. Former study of the jet physics in heavy ion collisions has been
done at the LHC by CMS. They have suggested the existence of re-distributed particles at large
angles. In their study, the information of the spread angle is minimum and they can not see
detail of jet modification.

In this paper, a new analysis method is proposed in order to see the modified energy(or
momentum) with the spread angle. Proposed new method handles the momentum weighted
azimuthal distribution of the associate particles with respect to the leading jet and direct com-
parison of pp and Pb-Pb collisions have been done. In this thesis, the centrality dependence and
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the leading jet momentum dependence are shown to extract jet modification effects, which shed
light on the knowledge of the pass length dependence of jet modification.

We observe that the low momentum particles are re-distributed at large angles in the away-
side of the jet with respect to the leading jet. This feature is consistent with CMS results.
Furthermore we see the re-distributed momentum in the near-side. The missing momentum
and the re-distributed momentum is found to be almost balanced. We see jet modification is
larger with the highest jet momentum, and the effect is also larger in the central compared with
peripheral collisions.

This measurement, provide several versatile measurements in the near future. We might
classified Pb-Pb event using jet momentum asymmetry Aj and number of particles of constituents
particles in jet Mlead

ref. , as we do in the studies for pp collisions. By the measurement, we can
control pass length dependence therefor we will see more detail of pass length dependence of jet
modification through the measurements. It is also interesting to see the possibility of saturation
of jet modification effects. To investigate the issue we have to prepare Monte Carlo events of jets
which is considered jet modification effects like QPYTHIA. The jet-particle correlation is useful
to tune-up the Monte Carlo events. And we also can extract properties of the QGP comparing
data and modified Monte Carlo by jet modification with several parameters. We already establish
jet-particle correlation with embedded di-jet events into Pb-Pb events therefor we can compare
PYTHIA jet and QPYTHIA jets after the tuning of QPYTHIA in same momentum range of
initial parton momentum. We also can measure using the method with the hadron particle
identification. We knows the particle production mechanism is different between in the high
momentum particles and in the low momentum particles. Heavy particles like proton come
from jets via fragmentation. In ALICE experiment, we have ring imaging Cherenkov counters
to identified high momentum particles. Therefore we might know several knowledge using the
difference like as pion-proton production ratio in jet particle correlation. In this way, we will be
new stage of jet modification measurements using jet-particle correlation. And it’s will provide
the analysis with attribution of ALICE.
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AppendixA

Difference of momentum weighted ∆φ distribution can be calculated as following.
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where
∑
passo

T (∆φ) is sum of momentum of associate particles per bin in the momentum range of
associate particle, ndijet is number of di-jet in the range of momentum pmin

T < plead
T < pmax

T . Eff
is scaling constant of detector effects like the efficiency.

∑
phard

T (∆φ) is sum of momentum of asso-
ciate particles come from hard scattering,

∑
pcontami

T (∆φ) is for the contaminations,
∑
pBKGsoft

T

is for soft background particles, and
∑
pBKGhard

T is for hard background particles. And Pb-Pb
shows the distribution is for Pb-Pb events, and pp×SF shows the distribution is for pp events
which is scaled to include background fluctuation effects in the distribution.

In this measurements, we embedded PYTHIA di-jet event to Pb-Pb events directly. Therefor
estimated background come from soft and hard can be canceled. In the previous study[43]
contamination ratio with respect to yield of the reconstructed charged particle are estimated.
The ratio of contamination is depending on pT , 6% at 0.3 GeV/c and about 2% at over than
1 GeV/c in Pb-Pb collisions. According to [43], the contamination is not much depending on
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centrality. And the contamination in pp collisions has also similar tendency. In naive we can
ignore the difference of contamination between pp collisions and Pb-Pb collisions.
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