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Given a monoid M, this paper is concerned with the subcategory Sh;jrBM of the
topos BM of M-sets determined by the weak Lawvere-Tierney topology j! associated
to the ideal closure operator determined by a right ideal I of M. It is shown that
ShjrBM is actually a subtopos of BM and that the Lawvere-Tierney topology asso-
ciated to this subtopos is the idempotent hull of j/. The authors generalize the results
in [M. M. Ebrahimi and M. Mahmoudi, Bull. Iranian Math. Soc. 21 (1995), no. 1, 25—
33; MR1431587] to the category of I-separated objects (in Section 3). They investigate
injectivity of the initial Boolean algebra in Sh;r BM with respect to a special class
of monomorphisms, giving an equivalent statement for the topos to be De Morgan af-
ter [Z. Khanjanzadeh and A. Madanshekaf, Comm. Algebra 46 (2018), no. 5, 1868—1888;
MR3799178] (in Section 4). Hirokazu Nishimura

[References]

1. J. Adamek, H. Herrlich and G. E. Strecker, Abstract and Concrete Categories: The
Joy of Cats (Dover Publications, Mineola, 1990). MR1051419
2. M. Barr and C. Wells, Toposes, Triples and Theories (Springer-Verlag, New York,
1985). MR0866937
3. F. Borceux, Handbook of Categorical Algebra, Vol. 1 (Cambridge University Press,
Cambridge, 1994). MR1313497
4. F. Borceux, Handbook of Categorical Algebra, Vol. 3 (Cambridge University Press,
Cambridge, 1994). MR1291599
5. D. Dikranjan and W. Tholen, Categorical Structure of Closure Operators (Kluwer
Academic Publications, Dordrecht, 1995). MR1368854
6. M. M. Ebrahimi, On ideal closure operators of M-Sets, Southeast Asian Bull. Math.
30 (2006) 439-444. MR2243686
7. M. M. Ebrahimi and M. Mahmoudi, When is the category of separated M-sets a
topos or a quasitopos, Bull. Iran Math. Soc. 21 (1995) 25-33. MR1431587
8. M. M. Ebrahimi and M. Mahmoudi, The category of M-sets, Ital. J. Pure Appl.
Math. 9 (2001) 123-132. MR1842372
9. R. Goldblatt, Topoi : The Categorial Analysis of Logic, Studies in Logic and the
Foundations of Mathematics, Vol. 98 (Springer, 1979). MR0551362
10. P. Johnstone, Sketches of an Elephant: A Topos Theory Compendium (Oxford
University Press, Oxford, 2002). MR2063092
11. Z. Khanjanzadeh and A. Madanshekaf, Weak ideal topology in the topos of right
acts over a monoid, Comm. Algebra 46 (2018) 1868-1888. MR3799178
12. Z. Khanjanzadeh and A. Madanshekaf, Weak topologies on toposes, Bull. Ira-
nian Math. Soc. 47 (2021) 461-486, https://doi.org/10.1007/s41980-020-00393-7.
MR4228483
13. M. Kilp, U. Knauer and A. V. Mikhalev, Monoids, Acts and Categories, De
Gruyter Expositions in Mathematics, Vol. 29 (De Gruyter, Berlin, New York,
1991). MR1751666

Note: This list reflects references listed in the original paper as accurately as possible
with no attempt to correct errors.



