
Beshimov, R. B.; Mamadaliev, N. K.
On functional tightness and local density of the space of probability measures. (English)�� ��Zbl 07669725
Topology Appl. 329, Article ID 108364, 10 p. (2023)

Local density and local weak density of topological spaces were introduced in [R. B. Beshimov et al., Int.
J. Geom. 4, No. 1, 42–49 (2015; Zbl 1350.54008)], where it was shown that
Theorem. For every infinite T1-space X, we have the following equalities.

Id(X) = Id(expn(X))
Iwd(X) = Iwd(expn(X)).

The concept of functional tightness of a topological space was introduced in [A. V. Arkhangel’skij, Com-
mentat. Math. Univ. Carol. 24, 105–120 (1983; Zbl 0528.54006)], while the action of closed and -quotient
maps on functional tightness was investigated in [O. Okunev and A. Ramírez Páramo, Topology Appl.
228, 236–242 (2017; Zbl 1375.54008)]. It was established in [M. Krupski, Topology Appl. 229, 141–147
(2017; Zbl 1393.54003)] that
Theorem. For any infinite compact space X, we have

t0(X) = t0(Xc).

This paper aims to study the behavior of the functional tightness and the local density of topological
spaces under the influence of the functor of probability measures of finite support. It is proved that the
functor Γn preserves the functional tightness and the local density of compact spaces. Furthermore, a
mapping from the special subspace P ′(X) of probability measure into the space of maximal linked systems
is constructed, being shown to be continuous.

Reviewer: Hirokazu Nishimura (Tsukuba)

MSC:
18A05 Definitions and generalizations in theory of categories
18A22 Special properties of functors (faithful, full, etc.)
46E27 Spaces of measures
46J10 Banach algebras of continuous functions, function algebras
54C35 Function spaces in general topology

Keywords:
linear functional; functional tightness; local density; normal functor; superextension

Full Text: DOI

References:
[1] Fedorchuk, V. V.; Todorchevich, S., Cellularity of covariant functors, Topol. Appl., 76, 125-150 (1997)
[2] Beshimov, R. B.; Mukhamadiev, F. G.; Mamadaliev, N. K., The local density and the local weak density of hyperspaces, Int.

J. Geom., 4, 1, 42-49 (2015)
[3] Okunev, O.; Paramo, A. R., Functional tightness, R-quotient mappings and products, Topol. Appl., 228, 236-242 (2017)
[4] Beshimov, R. B., Nonincrease of density and weak density under weakly normal functors, Math. Notes, 84, 3-4, 493-497 (2008)
[5] Beshimov, R. B.; Mamadaliev, N. K.; Eshtemirova, Sh. Kh., Categorical and cardinal properties of hyperspaces with a finite

number of components, J. Math. Sci., 245, 3, 390-397 (2020)
[6] Beshimov, R. B.; Mamadaliev, N. K., On the functor of semiadditive τ-smooth functionals, Topol. Appl., 221, 167-177 (2017)
[7] Arhangelskii, A. V., Functional tightness, Q-spaces and τ-embeddings, Comment. Math. Univ. Carol., 24, 1, 105-119 (1983)

Edited by FIZ Karlsruhe, the European Mathematical Society and the Heidelberg Academy of Sciences and Humanities
© 2023 FIZ Karlsruhe GmbH Page 1

https://zbmath.org/
https://zbmath.org/authors/?q=ai:beshimov.ruzinazar-b
https://zbmath.org/authors/?q=ai:mamadaliev.nodirbek-k
https://zbmath.org/07669725
https://zbmath.org/07669725
https://zbmath.org/journals/?q=se:800
https://zbmath.org/?q=in:495187
https://zbmath.org/?q=an:1350.54008
https://zbmath.org/?q=an:0528.54006
https://zbmath.org/?q=an:1375.54008
https://zbmath.org/?q=an:1393.54003
https://zbmath.org/authors/?q=nishimura.hirokazu
https://zbmath.org/classification/?q=cc:18A05
https://zbmath.org/classification/?q=cc:18A22
https://zbmath.org/classification/?q=cc:46E27
https://zbmath.org/classification/?q=cc:46J10
https://zbmath.org/classification/?q=cc:54C35
https://zbmath.org/?q=ut:linear+functional
https://zbmath.org/?q=ut:functional+tightness
https://zbmath.org/?q=ut:local+density
https://zbmath.org/?q=ut:normal+functor
https://zbmath.org/?q=ut:superextension
https://dx.doi.org/10.1016/j.topol.2022.108364
https://www.fiz-karlsruhe.de/
http://www.euro-math-soc.eu/
https://www.hadw-bw.de/


[8] Krupski, Mikolaj, On functional tightness of infinite products, Topol. Appl., 229, 141-147 (2017)
[9] Fedorchuk, V. V.; Filippov, V. V., General Topology. The Basic Constructions (2006), Moscow
[10] Chigogidze, A. Ch., On extensions of normal functors, Vestnik MSU. Ser. Math.-Mech., 6, 23-26 (1984)
[11] Basmanov, V. N., Covariant functors, retracts and dimension, Dokl. Akad. Nauk SSSR, 5, 271, 23-26 (1983)
[12] Beshimov, R. B.; Mamadaliev, N. K.; Mukhamadiev, F. G., Some properties of topological spaces related to the local density

and the local weak density, Math. Stat., 3, 4, 101-105 (2015)
[13] Ayupov, Sh. A.; Zaitov, A. A., Functor of weakly additive τ-smooth functionals and mappings, Ukr. Math. J., 61, 9, 1380-1386

(2009)

This reference list is based on information provided by the publisher or from digital mathematics libraries. Its items are heuristically
matched to zbMATH identifiers and may contain data conversion errors. It attempts to reflect the references listed in the original
paper as accurately as possible without claiming the completeness or perfect precision of the matching.

Edited by FIZ Karlsruhe, the European Mathematical Society and the Heidelberg Academy of Sciences and Humanities
© 2023 FIZ Karlsruhe GmbH Page 2

https://www.fiz-karlsruhe.de/
http://www.euro-math-soc.eu/
https://www.hadw-bw.de/

