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We propose using blazed gratings in the resonance domain with period larger
than the wavelength for antireflection and polarization selection. The inherent
problem in this region is wavelength dispersion, which is solved by analyzing
the total reflectivity and electric field distribution. The positional relationship
between the area of strong electric field, and the side and tip of the grating
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1.

Introduction

Fine subwavelength structures can be applied to optical components of flat panel displays
or light emitting diode (LED) devices for lighting, and such structures have been discussed
by many authors. The components of such structures are antireflective structures and polarization separation elements. [1]– [3] Some of the antireflective structures are designed using
photonic crystals, [4] while others are constructed by a simple grating of a subwavelength
period. [5] By applying these structures to the backlight of a liquid crystal display, or organic
or inorganic LEDs, luminosity can be improved or their energy consumption can be reduced.
Various antireflective structures are used in light emitting elements. For example, antireflective photonic crystals are mainly used for inorganic LEDs [4]– [11] or organic LED(OLED)
[12]– [16] . Some of the common gratings or microlenses are also used for LEDs or OLEDs as
antireflective structures. [17]– [25] When light goes from a structure with low refractive index
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to one with high refractive index, the reflection can be reduced by the structure, making the
structure useful for solar cell panels [26], [27] or the front panel of displays. [28]
For the use of antireflection, subwavelength structures were fabricated by Kanamori et
al., [5], [29] and Kasugai et al. [30] . Moreover, when light travels from a structure with high
refractive index to air with low refractive index, the extraction efficiency is improved by using
a structure with a period as long as the wavelength for first-order diffraction efficiency. [31] All
of the structures were formed by reactive ion etching. Since the groove width is subwavelength
and is fine, the structures are difficult to produce.
On the other hand, an antireflective structure which has a period larger than 1µm can
be fabricated by machining provided the aspect ratio is less than 2 or 3. [32] Antireflective
structures can be designed precisely and fabricated easily by machining for gratings of this
period. In this paper and the previous paper, [33] we propose a new form of optical control
using a grating in the resonance domain with a period of more than the wavelength.
In this paper, we also propose polarization selection by this grating. We consider improving
the efficiency of light use of the designed polarization for LCD applications. [1], [2] The penetration light of unnecessary polarization is scattered by gratings in one type of polarization
selection, [3] while gratings reflect unnecessary polarization in another type.
Of these two types, the optical efficiency of the type that reflects unnecessary polarization
can be improved easily. In this type, there is a system which reflects the incident light by a
multilayer mirror [34] and a system which reflects the incident light of the Brewster angle
by a stack of plates. [35], [36] There is also a system which reflects the light which obliquely
enters the dielectric grating of a subwavelength period, [37]– [41] and a system which reflects
light by a metal grating of subwavelength period. [42], [43] Thus, there are various systems of
polarization selection. However, it is desirable to reflect unnecessary polarization with only
one grating in a liquid crystal display, to simplify the process of producing the backlight and
to reduce the thickness. We considered reflecting one of the two polarizations of the vertical
incident light by a one-sheet grating made of one material. This facilitates the optical design
as perpendicular incidence is possible. Moreover, a one-sheet grating is easier to make.
According to Mie theory and Rayleigh scattering theory, the scattering decreases rapidly
with increasing wavelength [44], [45] , when the particle size is less than the wavelength.
With a grating which has a period of about half a wavelength, it is known that the reflected
light looks blue. [46] On the other hand, a grating with a sufficiently long period has no
coloring effect. For example, for a prismatic film which has a 50µm pitch prism array, its
coloring effect is small and the film is used for almost all liquid crystal displays of high-class
cellular phones. [13]
When the period is longer than several dozen times the wavelength, the reflectivity is not
dependent on wavelength and when the period is shorter than wavelength the reflectivity
2

of blue light is more than that of red light. The residual period ranges from 1 to several
dozen times the wavelength, and in this domain total reflectivity fluctuates greatly with
wavelength. [33] In this research, this domain is defined as the resonance domain.
Compared with a prism array with a long pitch, the resonance domain has various features:
it has fewer moiré fringes caused by interference with pixels of the display; the grating depth
is shallower for the same aspect ratio; and the diffraction effect can easily be taken into
account in the calculation.
However, in this period, the wavelength dispersions of the transmissivity and the diffraction
angle cause a problem. Conventionally, the goals of low reflectivity and low wavelength
dispersion have not been realized, [47] and so applications are restricted to solar cell panels
[26], [27] or for monochromatic light. [47], [48]
The limitation of the antireflective capability in the resonance domain has been examined,
and its possibility as an optical element was exploited by resolving the problem of wavelength
dispersion. [33] We previously described the wavelength dispersion of diffraction angle. [33]
In this paper, we analyze the wavelength dispersion of total reflectivity and develop a method
to suppress wavelength dispersion. First, the reflectivity of the grating in TE and TM modes
is measured by experiment, and then compared with the reflectivity calculated by rigorous
coupled wave analysis (RCWA). We also examine the limitation of the antireflective performance. Moreover, we analyze the electric field by nonstandard finite-difference time-domain
(NS-FDTD) [49]– [53] calculation to clarify the relationship between the field distribution
and reflectivity, and exploit ways to enhance transmissivity due to the grating, and to reduce
the wavelength dispersion of reflectivity.
Our examination consists of three parts. The first is to devise a grating with a new function
or to improve the function. The second is to check the function by experiment. The third is
to explain the important optical characteristics of the grating by simple theory.
2.
2.A.

Sample Preparation and Measurement
Grating for measurement

Sample preparation and shape evaluation were performed as follows.
Two types of gratings were used for antireflection and polarization separation. One grating
(Yuki Kougaku Co., Ltd.) was made by molding, and was used for reflectivity measurement
of the surface relief of the grating shown in Fig. 1. It is made of PMMA (poly methyl
methacrylate) and has a refractive index of 1.49. The grating profile is an isosceles triangle
with the depth of 7 µm and the period of 10 µm. The substrate thickness is 2 mm. The average
surface roughness, which is defined by the deviation from the central line in a direction
parallel to the ridgeline, is 60 nm.
Atomic force microscopy (AFM) and scanning electron microscopy (SEM) were used to
3

measure the depth and period of the grating. SEM was used for measuring the depth and
shape, and AFM was used for measuring the period and surface coarseness. Nanopics (Seiko
Instruments Inc.) was used for AFM analysis, and TINY-SEM (Technex Co., Ltd.) for SEM
analysis.
Next, the method of fabricating the grating for polarization separation is described. The
grating was produced by transferring it from a metallic mold produced by machining. The
mold was made by an ultra-precision micro-processor (NIC-200, NAGASE INTEGREX Co.,
Ltd.), having non-contact hydrostatic bearings.
The metallic mold was made from copper. As shown in Fig. 2, the metallic mold was a
disk with a diameter of 15 mm. Four kinds of gratings were curved on the metallic mold at
intervals of 3 mm. The periods of the gratings were 1.08, 1.8, 3 and 5 µm from left to right
in Fig. 2. The width of the area of each grating was 1 mm.
The grating was transferred by UV curing from this metallic mold. UV curing resin was
applied to the metallic mold, and a glass slide (Matsunami Glass Ind., Ltd.) was pressed on
it. It was cured by being exposed to UV light, then the grating was removed from the mold.
The UV curing resin was SANRAD RC610-R (Sanyo Chemical Industries), and its refractive index after curing was 1.52.
A UV mask aligner (M-2L type, MIKASA Co., Ltd.) was used for UV exposure. The lamp
current of the super-high-pressure mercury lamp was set at 6.3 A, lamp voltage at 40 V, and
exposure time at 35 seconds.
The aspect ratio of the transferred groove was 0.48 for any period of the gratings, and the
average surface roughness of the grating was 18 nm.
The substrate thickness of the grating was measured by a confocal microscope. The thickness was measured on the even portion near the groove where reflectivity was measured.
2.B.

Measurement of Total Reflectivity

First, the reflectivity was measured using the above-mentioned grating with the period of
10 µm. The reflectivity of the relief surface of the grating was measured as shown in Fig. 1.
The concave-convex surface is denoted by ”relief” and the rear surface is denoted by ”base”.
In order to suppress the reflection from the base, a dove prism was attached to the base of
the grating by the UV curing resin as shown in Fig. 1. The attached prism looks like the tail
of a standing pigeon. The grating is curved on a clear plastic board and has striped grooves.
The longest side of the dove prism is parallel to the striped grooves.
The incident light is diffracted by the surface relief, enters the prism, is reflected several
times and is diffused. The refractive index of the dove prism is 1.52. The light source was an
Ar ion laser (Spectra-Physics Stabilite 2017), with a wavelength of 514.5 nm.
The reflectivity was measured as follows, assuming the case where light enters the surface
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relief from air as shown in Fig. 1. Only the reflection from the surface relief is measured.
Light was made to enter the grating and was reflected. The angle θi between the normal
line and incident light is 0◦ . An optical power meter (Thorlabs Inc.) was used to measure
catoptric light, using photodiodes for its optical power meter sensors. The polarizer was
placed between the light source and grating and the reflected light was measured separately
for the TE and TM modes of incident light.
The power meter was used to measure the light around the grating at fixed intervals in the
shape of a semicircle. The interval between measurement positions was made short enough
to minimize errors. The sum of the reflectivity of each point was computed in consideration
of the distance from the reflecting point of the surface and the area of the light-sensitive
element of the power meter. The light of right reflection was disregarded as it could not be
measured. The value of background light was subtracted from the measured value.
Next, the reflectivity of a grating with base was measured without the dove prism. Light
was made to enter perpendicularly the surface relief of the grating from air. Strong 632.8
nm light from the He-Ne laser was used. The total reflectivity except right reflection was
measured with the light in TE mode or TM mode by the power meter, and the ratio of TE
to TM reflectivity was computed from this total reflectivity.
3.
3.A.

Calculation of Total Reflectivity and Electric field
Method of Calculation of Total Reflectivity

The total reflectivity of the grating was computed using RCWA and the electric field was
computed using NS-FDTD algorithms, for a grating with an isosceles triangular profile. It
was calculated for the case where the interface was only the surface relief, and the case where
the interface was both the surface relief and the base. The incidence angle was 0◦ . It was
assumed that the refractive index of the substrate was independent of wavelength. Unless
noted otherwise, the refractive index of the substrate is 1.5 and the refractive index of air
is 1. Wavelength, aspect ratio, and polarization were changed suitably. Case A was when
incident light entered the relief structure of the grating from air, and the opposite case of
light direction was case B. DiffractMOD T M 1.5 (RSoft Design Group, Ossining, NY, USA)
was used to calculate reflectivity. DiffractMOD T M is based on the RCWA method.
3.B.

Method of Calculation of Electric Field

The NS-FDTD program developed at Tsukuba University was improved and used to calculate
the electric field. This program was run under MathCAD T M 2004 (MathSoft Engineering
and Education, Inc., Cambridge, USA). The minimum spatial step size h was taken to be
λ/10, where λ is wavelength of the light. λ/h was set to be 10. The number of calculation
steps was 250. The total calculation space employed here was 100λ × 32λ along the X and
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Y axes, respectively. Incident light propagates along the Y axis. For perfect matching of the
layer surrounding the calculation area, the Mur absorbing boundary condition was used. The
incident light was a finite plane wave.
4.
4.A.

Result of Experiment and Calculation
Triangular and Rectangular Grating

At first, we discuss suitable shape of a grating for reducing reflection. Table 1 shows that the
total reflectivity is dependent on the groove profile and refractive index. The groove profile
is either a rectangular shape or isosceles triangular shape, the fill factor is 0.5, the spatial
period Λ is 9.1λ, and d/Λ is 1. A parallel beam of light has the incidence angle θi = 0◦ ,
where θi is incidence angle, while the incidence angle for diffusion light varies from 0 to 80◦
and its intensity is uniform regardless of the angle. The refractive index of the groove of the
grating is 1.5 or 3. The table shows that a triangular grating has smaller reflectivity when
the incident light is parallel light. Therefore, the groove of an isosceles triangle was adopted
in this study.
4.B.

Comparison of Experiment and Calculation

The results of experiment and calculation were compared so that we can verify that the
calculation is valid. Table 2 shows the case where the interface is only the surface relief of
the grating in case A. The grating used in the experiment had the period of 10 µm. Although
the result in TM mode in which reflectivity was small did not agree with the calculation, the
result in TE mode in which reflectivity was large agreed with the calculation. These results
show that the required experimental accuracy in TM mode is higher than that in TE mode,
as the reflection of TM mode is the smaller.
Next, in case A we examined the case where the interface of the grating was both the
relief structure and the flat base of the grating. Since the influence of thickness ds on this
reflectivity was large, ds should be determined for calculation. Thickness was measured
using the confocal microscope, and reflectivity was calculated at intervals of 0.05 µm in
the range of observed ds ± 0.15 µm. The ratio of TE to TM at which the results of the
experiment and calculation agreed well was searched for by adjusting the thickness. The
thickness was changed in the range of the measured value ± 0.1 µm, and the reflection ratio
of TE to TM was obtained from the result. The substrate thickness is shown in Table 3. In
consideration of the variation of the thickness ds of the substrate with the inclination of the
thickness, the average reflectivity was calculated at three points which included two points
whose thicknesses were ds ± 0.05 µm. The calculated ratio of the total reflectivity of TE to
TM is shown in Table 4, and the thickness is shown in Table 3. The average deviation of
the reflection for each grating was 13%, so the experiment and calculation results were in
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reasonable agreement.
From the above results, two applications appear promising. One is antireflection and the
other is polarization selection. The grating without base is for antireflection and the grating
with base is for polarization selection.
These can be used for displays or lighting. However, the problem is wavelength dependence
of reflectivity or polarization selectivity.
4.C.

Calculation of Total Reflectivity for Surface Relief

Next, the total reflectivity was calculated as a design indicator of the antireflectivity. Figure
3 shows the dependence of computed reflectivity on wavelength on surface relief at normal
incidence in case A. The vertical axis is total reflectivity and the horizontal axis is Λ/λ. In
both TE mode and TM mode, Λ/λ corresponding to a peak is near an integer value 1, 2,
3, ... periodically. Thus, there is PRPG (periodicity of total reflectivity against period of
grating). The refractive index is 1.5, and the aspect ratio varies from 0.5 to 2. Although not
shown here, the same PRPG was seen in case B. [33]
In the case of a rectangle of aspect ratio 2, in the range of nd/λ of 1 to 4, reflectivity
fluctuated with the period of 0.5 against nd/λ, where n is refractive index of the grating. Its
periodicity was not dependent on Λ/λ, but dependent on d/λ.
Next, in order to explore the mechanism of PRPG and the difference of TE and TM, the
total reflectivity was calculated for different aspect ratios. As shown in Fig. 4, the incidence
angle to the slope of the groove was considered. The result is shown in Figs. 5 to 8, with the
angle θ on the horizontal axis. These figures show the relationship of total reflectivity and
incidence angle θ. The incidence angle θ varied with the aspect ratio, which was defined by
d/Λ.
In Figs. 5 and 7, Λ/λ is 9.1 and refractive index varies from 1.5 to 3. Moreover, n of 1.2 is
added to Fig. 7. Figures 5 and 7 show the refractive-index dependence of the reflectivity of
incidence perpendicular to the slope of the grating, calculated for both TE and TM modes.
Figure 5 is case A and Fig. 7 is case B.
In Figs. 6 and 8, Λ/λ is 9.1 or 18.2 and refractive index is 1.5 or 3. Figures 6 and 8 show
the refractive-index dependence of the reflectivity of incidence perpendicular to the slope of
the grating, calculated for both TE and TM modes. Figure 6 is case A and Fig. 8 is case B.
In Fig. 7 and 8, there is a peak near 45 or 67.5◦ with a refractive index of 3. The peak of the
reflection for high refractive index is shifted to a small incident angle, when it is compared
with the peak for low refractive index. Figure 9 is a schematic diagram of the reflection based
on the ray optics near these peaks.
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4.D.

Calculation of Electric Field for Surface Relief

The electric field was calculated in order to examine the causes of PRPG and that of the
difference of total reflectivity by polarization in detail. The results are shown in Figs. 10 to
18. The deep color of an electric field indicates a large plus or minus value. The scale of the
relative value is shown in Fig. 10(c). The grating is shown by the black dotted line. Incident
light enters from the left end. Figure 10 shows the electric field of incident light and scattered
light, and Figs. 11 to 18 show the electric field of scattered light.
In Fig. 10(c) the electric field inside the grating has a different interval from that outside.
Regarding the direction of wave propagation, the number of waves in the grating is 9, and
that outside the grating is 7. There are more waves in the grating than outside the grating,
which may cause discrepancy of the stripe of the electric field. Moreover, there are three
areas surrounding the peak in a grating parallel to the base. We call this area with strong
electric field intensity simply ”area”.
In Fig. 11, the period is 2λ. The electric field parallel to the base has one area in the
middle, and half at both ends. On the other hand, when the calculation was performed for a
rectangular grating with the fill factor of 0.5, although 4.5 phases were found in the direction
of Y direction in the grating with the same period, the gratings did not have a clear number
of phases in the X direction.
In Fig. 12, the period is 3λ. The electric field parallel to the base has two areas in the
middle, and half at both ends. In Fig. 13, the period is 4λ. The electric field parallel to
the base has three areas in the middle, and half at both ends. The number of phases is not
clear in the grating with aspect ratio of 0.5 or 1. On the other hand, the electric field of the
rectangular grating has 9 areas along the Y axis, but is not clear along the X axis, as shown
in Fig. 14.
Figure 15 shows the result of the calculation for TM mode. In TE mode of case A of a
triangular grating, the number of areas is independent of the aspect ratio as shown before,
and this independence applies to TM mode, also. Thus, the period plays an important role
in the phase distribution.
TM mode has X phase and Y phase, whereas TE mode has only one phase in the plane.
If the aspect ratio changes, although the number of phases does not change in Y phase, it
changes in X phase. For example, for the period of 4λ although the number of areas in a
grating does not change in Y phase when the aspect ratio changes to 3 from 1, it increases
from 6 to 9 in X phase. As we considered that Y phase vertical to the incident light had a
large influence on PRPG, we employed Y phase in this study. For Y phase in TM mode, the
electric field phase distribution was the same as in TE mode.
As the Mur absorbing boundary condition is used, it is difficult to assume an infinite area
when performing the calculation for a system with an interface, such as an object with infinite
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ds. Therefore, we used the grating whose ds is 0 for the object. The magnitude relation of
the reflectivity was newly calculated by RCWA. The electric field was calculated for both
case B and case A. The result of calculating the phase distribution of the perpendicular
incidence in TE mode in case B is shown in Fig. 16. In this figure, the period is 2 and 4λ
and the aspect ratio is 1. There are two and four phases in the portion between the tips of
the grating, respectively. As shown, since the phase distribution of the electric field of case B
does not depend on the aspect ratio but is proportional to Λ, the electric field distribution is
likely to be related to PRPG. Therefore, we examined the relation between reflectivity and
phase distribution in detail.
The results are shown in Figs. 17 and 18. In Fig. 17 the aspect ratio of the grating is 1.
The periods of (a), (b), and (c) are 3.03, 3.5, and 4.13λ, respectively. The reflectivities of (a)
and (c) are low and that of (b) is high.
Figure 18 shows the result of calculating the phase distribution of the perpendicular incidence in TE mode in case B. The aspect ratio of the groove is 0.5. (a), (b), and (c) have
periods of 2.84, 3.03, and 3.8λ, respectively. The reflectivities of (a) and (c) are high and
that of (b) is low.
4.E.

Calculation of Total Reflectivity and Electric Field for Grating with Base

Next, in order to acquire an indicator for designing the grating for polarization selection,
the total reflectivity and the electric field phase of scattered light were calculated by varying
ds/λ as shown in Figs. 19 and 20.
The total reflectivity of the grating with substrate thickness was calculated as shown in Fig.
19. When ds/λ changes from 0.55 to 0.65, the reflectivity of TM mode changes significantly
for the grating with aspect ratio of 0.5. The ratio of TE to TM reflectivity also changes
greatly.
In Fig. 20, (a), (b), and (c) are for ds/λ of 0.55, 0.65, and 0.85, respectively. The reflectivities of (a) and (c) are high and that of (b) is low. The reflectivity changes greatly with
ds/λ, and (b) with low reflectivity shows a disordered distribution of electric field. There
are six electric field areas on the base of the grating. In a grating, the electric field area is
located in a line by turns, and forms a pyramid. The electric field near the base is drawn on
the left in the schematic diagram.
Figure 21 shows reflectivity and polarization ratio against wavelength. In (a), the grating
is made of a blazed groove and substrate, and is sandwiched between air layers. The aspect
ratio is 1. The refractive index of the grating is denoted by n and is 1.5. The polarizations
are TE and TM and the incidence angle is 0◦ . When Λ/λ is 9.1, ds/λ is 0.55 or 0.65.
In (c) the grating is made of blazed groove, substrate 1 and substrate 2 from top to bottom,
and is sandwiched between air layers, as shown in (b). The refractive index of substrate 1
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and the grating is 1.52 and that of substrate 2 is 1.575. The thicknesses of substrate 1 and
substrate 2 are denoted by d1 and d2, respectively. When Λ/λ is 9.1, d1/λ is 3.64 and d2/λ
is 181.2.
In (a), when Λ/λ ranges from 2.4 to 11, the reflectivity of TE is more than twice that of
TM. On the other hand, in (c) when Λ/λ ranges from 3.8 to 5, the reflectivity of TE is more
than twice that of TM.
Furthermore, in order to consider the existence of the Brewster angle effect of reflection
at the base, the aspect ratio was changed. The calculated results are shown in Fig. 22. The
horizontal axis is incidence angle to base θb which is calculated from the aspect ratio. This
angle θb was calculated under the assumption that the incident light entered the base after
being bent by the sloping side according to Snell’s law. The polarizations are TE and TM,
refractive indexes are 1.5 and 1.9, and ds/λ is 0.55 and 0.64.
Table 5 shows the relationship of θBr and the angle of the local minimum in Fig. 22, where
θBr is Brewster angle. The result of ds/λ of 0.605 and 0.705 is added. If the local minimum
is determined by Brewster angle, θBr may give the angle of the local minimum. There is a
difference of a few degrees between θBr and the angle of the local minimum, which was found
to be the error of Snell’s law by another FDTD calculation. The calculation shows that the
incidence angle is a few degrees less than that predicted by Snell’s law.
5.
5.A.

Discussion
The Periodicity of Fluctuation of Reflection due to Wavelength Change

The triangular grating has less reflectivity than the rectangular grating. Therefore, the isosceles triangle is mainly discussed in this section. The factors influencing reflectivity were considered. Wavelength dependence to total reflectivity seems to be caused not only by the
period, but also by the depth. However, PRPG is caused only by the period. Moreover,
PRPG seems to be specific for a triangular grating, because the rectangular grating does not
have such a periodicity and its electric field distribution is different from that of a triangular
grating.
When the wavelength is changed, the total reflectivity changes periodically and has a
local maximum for Λ/λ = 1, 2, 3, ... as shown in Fig. 3. This periodicity is independent
of polarization and aspect ratio. As shown in Fig. 3, TE and TM modes have the same
reflectivity wavelength dependence. However, the reflectivity of TE mode is different from
that of TM mode by one order of magnitude.
5.B.

Effect of Period and Aspect Ratio on Total Reflectivity

There are two types of triangular grating. One is grating with base and the other is one
without base. We think the grating without base at first.
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Since reflectivity is generally different by S = TM polarization and P = TE polarization
in the case of oblique incidence to a plane, the difference of this reflectivity can be explained.
We consider the side of the grating as the incident plane for S or P. The light vertically enters
the stripe of the grating for TE and TM modes. Generally polarization S has less reflectivity
than polarization P. The above consideration shows that TM mode has less reflectivity than
TE mode.
Considering Brewster angle θBr , the incidence angle to a slope was changed by changing
the aspect ratio. The results are shown in Fig. 5 for case A and in Fig. 7 for case B.
According to Snell’s law, in Fig. 4, when the refractive index is 1.5, θBr is 56◦ , and when it
is 2, θBr is 63◦ . The total reflectivity of S polarization has a local minimum at the Brewster
angle. Although TM mode is equivalent to S polarization, the local minimum in TM mode at
these angles is not seen. Therefore, the Brewster angle cannot clearly explain the difference
of TE and TM modes.
On the other hand, in Fig. 7, when the refractive index is 1.2, θBr is 40◦ , and when the
refractive index is 1.5, θBr is 34◦ . A small local minimum is seen at these angles in TM
mode, and the Brewster angle can explain this local minimum. Although physical optics
could explain the difference of reflectivity in TE and TM modes in case B from these results,
in case A, this difference cannot be explained simply by physical optics.
The reflection in case A for incidence angle θ is shown in Fig. 6. The total reflectivity
of the grating with Λ/λ = 9.1 is higher than that of the grating with Λ/λ = 18.2. This
relationship implies that the reflection of the tip of the grating is much higher than that of
the sloping face of the grating, because as Λ/λ becomes larger, the contribution of the tip
to the reflection becomes smaller.
The reflection in case B is shown in Fig. 8. The total reflectivity of the grating with Λ/λ
= 9.1 is not necessarily higher than that of the grating with Λ/λ = 18.2. This relationship
implies that the reflection of the tip of the grating is not higher than that of the sloping face
of the grating. In Fig. 8, reflectivity has a local maximum when the inclination of the slope
of the grating is changed.
Figure 9 shows the case where the light path is symmetrical and catoptric light returns in
the direction opposite to the incident light. When incident light enters for the i-th time on
the sloping face of the grating and is reflected on the slope, the incidence angle is set to αi .
The angle α1 of (b) is 45◦ , and the angle α1 of (c) is 67.5◦ .
When the incidence angle is set to α1 and the apex angle is set to 2θa , α1 = 90◦ - θa and
α1 + α2 = 2θa will hold true. When α1 is 40◦ or less, it is smaller than the critical angle,
and when α1 is about 45◦ , both α1 and α2 are more than the critical angle. For this reason,
catoptric light increases as α1 increases. Furthermore, if α1 becomes larger than 50◦ , since
α2 will become less than the critical angle, reflectivity decreases. The local maximum occurs
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under such change of reflectivity. Moreover, α1 becomes 67.5◦ when the number of times of
reflection is 4. The same change of reflectivity occurs around the angle of 67.5◦ .
5.C.

Analysis of Electric Field for Surface Relief

The above reflectivity shows both case A and B are useful for antireflection.
The reflectivity is large at the tip of the grating in case A, and at the side of the grating
in case B. We studied this difference of case A and case B using the fact of the periodicity
of the total reflectivity by analyzing the electric field described below. Since the periodicity
of total reflectivity against wavelength is dependent not on the depth of grating but on the
period, we examined the electric field distribution in the direction parallel to the base of the
triangle of the groove.
We considered that the width of the triangle of the grating had some effect on the reflection
and so calculated the electric field. The results are shown in Figs. 10 to 18 for various gratings
with different widths. In every case, the number of areas of the electric field along the base
of the triangle changes in proportion to the width of it. In Fig. 15, the period of the grating
is 2λ or 4λ. Note the area of the electric field along the base of the groove indicated by the
triangle. In the case of 2λ, one area in the center and the half area at two ends make two
areas. On the other hand, in the case of 4λ, three areas in the center and the half area at
two ends make four areas. In Fig. 13, the aspect ratio is 0.5, 1, 1.5 or 3, and although the
aspect ratio differs, every grating has four areas along the base.
Thus, the number of phase areas along the rear surface of the grating increases as the
period of the grating increases. The aspect ratio does not affect the number of phase areas
along the rear surface of the grating. The results were the same for both TM mode as well
as TE mode.
These results show that the number of areas along a base is proportional to a period. When
the antinode of the electric field is on the edge, the reflectivity may rise, so we calculated the
electric field of the wavelength which has high or low reflections. Since the influence of the
tip part of a triangular grating on reflection might be large in case A, the relation between
the electric field distribution of the tip part and reflectivity was examined for PRPG.
In Fig. 17, the electric field of the tip part is weak in (a) and (c) with small reflectivity,
while it is strong in (b) with large reflectivity. We consider that the cause of PRPG is a rapid
increase of reflection in the place where the electric field of the triangular end becomes a
loop from the node of a wave. The difference between TE and TM modes is likely influenced
by the reflection at the tip part more than that at the slope.
On the other hand, since the influence of the slope on reflection is large in case B, we
examined the influence of the slope on reflective periodicity. The positional relationship
between the area of the electric field and the side of the grating was checked. The electric
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field was examined for a grating with aspect ratio of 0.5 in which reflectivity has simple
periodicity, which leads to the regular fluctuation curve of the total reflectivity in Fig. 3. In
Fig. 18, the overlap of the sloping side of the grating and electric field is large in (a) and
(c) with large reflectivity. However, the overlap is small in (b) with small reflectivity. This
positional relationship between the sloping face of the grating and area of electric field is
crucial for the reflectivity. Moreover, the reflectivity on the slope is much larger than that
on the tip as shown in 5.B. Therefore, the difference between TE and TM modes may be
caused by reflection on the slope because a slope has different transmissivity for different
polarization. The positional relationship between the tip part or side of the grating and the
area of the electric field determines the fluctuation of total reflectivity against wavelength.
Thus there is a kind of interference between light and the tip part or the side in the direction
perpendicular to the incident light.
5.D.

Grating with Different Substrate Thickness with Base in Case A

Next, we think the grating with base. In case A, since the reflectivity of a grating with base
increases greatly compared with a grating without it, the base of the grating is considered
to largely influence the reflectivity.
In Fig. 19, the change of reflectivity as a function of substrate thickness was investigated
in case A. When ds/λ changes to 0.55, 0.65, or 0.85, the reflectivity becomes high, low, and
high, respectively.
These values are assigned to ds/λ of (a), (b), and (c) in Fig. 20. The reflectivities of (a),
(b), and (c) are high, low or high in this order. When the electric fields are investigated for
(b), it turns out that the base is in the boundary of the electric field areas. We can say that
(b) has low reflectivity because the base is in the node of an electric field. Thus there is a
kind of interference in the direction parallel to the incident light, like thin film interference.
The above consideration shows that the grating with base can be used as polarization
selection.
5.E.

Grating with Different Aspect Ratio with Base in Case A

In Fig. 22, we examined the change of reflectivity as a function of the aspect ratio of the
grating with base in case A. Although reflectivity in TE mode decreases monotonically with
increase in aspect ratio, reflectivity in TM mode has a local minimum.
The total reflectivity against d/Λ has the local minimum at the angle of 30◦ when the
refractive index is 1.5, and at 27◦ for the grating with refractive index of 1.9. Thus, the angle
of local minimum becomes smaller as refractive index increases.
Physical optics can explain this change by the concept that obliquely incident light is
reflected at the base of a grating. That is, in TM mode, reflectivity may fall near the Brewster
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angle. Here, light is assumed to bend on the sloping face of the grating according to Snell’s
law and to enter the base. Since the angle at the local minimum becomes lower as the
refractive index becomes higher in Fig. 22, this local minimum is explained by the Brewster
angle.
5.F.

Design for Low Reflectivity and High Polarization Ratio

We propose a method to reduce reflection as follows. From Figs. 5 and 8, when the number
of interfaces is one and the aspect ratio is raised, reflectivity falls to some limiting value. As
the reflectivity decreases in proportion to the angle, the lowest total reflectivity exists at the
angle of 90◦ . The limitation is imposed by this total reflectivity.
When the grating has a base, it is possible to lower the total reflectivity of the TM mode.
From Fig. 22, if polarization is TM mode when the grating has the base in case A, there is
an aspect ratio with small reflectivity. Moreover, as the grating has the base in case A, the
base can be arranged on the boundary of the area of the electric field in order to reduce the
reflectivity. Moreover, in case A, it is effective to allow the local minimum of the intensity of
electric field to come to both ends of a groove for lowering reflectivity.
Next, we consider why a high aspect ratio gives low reflectivity in order to clarify the
mechanism of reflection of the triangular grating. The FDTD results of Fig. 13 (c) and (d)
show that the wave front runs into the side of the grating at each line of electric field. As
the aspect ratio becomes higher, the length of the side becomes longer, and so the number of
points where light penetrates will increase. On the other hand, since the sides of the grating
become steep inclines, it is hard for the light to penetrate the side of the grating, because
generally, as the incidence angle to a plane becomes larger, the reflectivity becomes higher.
These results show that the former effect dominates the latter.
Next, we describe a method to enhance polarization selectivity. As shown in Figs. 19 and
21, the polarization ratio changed sharply with wavelength, and also becomes larger with
higher aspect ratio.
In order to use this element for polarization separation of white light, the polarization
ratio must be large in a certain wavelength range. The figures show that there is a domain
of Λ/λ where this can be used, even if the wavelength doubles.
As shown in Fig. 22, in TM mode, an incidence angle to the slope exists at which reflectivity
becomes a local minimum. At this time, θb is 30◦ and the aspect ratio is set to 0.9 when the
refractive index is 1.5. As shown in Fig. 21(a), the polarization ratio of 20 is obtained near
this incidence angle.
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5.G.

Design to Suppress Wavelength Dependence of the Total Reflectivity

We studied the factors which influenced the wavelength dependence, examining the positional
relation between the area of the electric field in the X and Y directions, and each side of a
groove in Figs. 17, 18 and 20.
As shown in Figs. 21(a) and 22, reflectivity changes greatly with substrate thickness.
Unlike a rectangular groove, for a blazed-grating groove, this change is not so periodic.
The fluctuation of reflectivity with wavelength arises not only in the direction perpendicular to the base but also in the direction parallel to the base. When the end of the groove of
Fig. 20 reaches the point of minimum intensity of electric field, its reflection is small.
On the other hand, since the size of the area of electric field changes in Fig. 21 when
the wavelength changes, the positional relation between the area and side changes and so
reflectivity changes. The factor which influences the change in reflectivity is determined by
the direction of incidence, and grating profile, as the positional relationship is influenced by
these factors.
As described in section 5.C, the positional relationship between the area of electric field
and the side or tip of the grating is crucial to the reflectivity. In the triangular groove of
case A, since the reflectivity of both ends of a triangular groove is large, when the area of
electric field comes to the tip of the grating, the reflectivity becomes high. Then, the change
of the positional relationship is periodic to Λ/λ, as the size of the area is changed by Λ/λ.
For this reason, peaks of Λ/λ are near 1, 2, 3, .... Although the triangular groove of case B
has large reflectivity in the sloping side of the groove, it has almost the same periodicity as
the groove of case A.
From the above examination, to reduce the wavelength dependence of reflectivity in the
resonance domain of a grating, the following designs are necessary.
The first is a method of enlarging a period which makes the reflectivity to the human eye
constant irrespective of changes of wavelength in the visible light range, as shown below.
Although the color sensors of the human eye are highly sensitive to the ratio of the three
primary colors, their wavelength resolution is not high. Even if the wavelength changes in
the wavelength range of the color sensor of red or blue, the color does not change if the ratio
does not change.
For simplicity, let the wavelengths of red, green and blue be λR , λG and λB , respectively.
Let the ratio of λR , λG and λB be 8, 7 and 6, as we can use 620, 520 and 460 nm for the
three primary colors of the sensors of the human eye. The sensor of the human eye to red
has a wider range of sensitivity than the difference of λR and λG . The sensors for λR , λG and
λB have similar ranges of sensitivity. The period of the grating is set to 7 λG . The numbers
of areas of the electric field of λR , λG and λB will be 6, 7 and 8 as the number of areas
is proportional to Λ/λ. Under the above conditions, the reflectivities of λR , λG and λB are
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almost the same, because the positional relationship of the electric field and the side of the
grating are almost the same for each color. For example, when the area of electric field of
λR is on the edge of the grating, those of λG and λB are also on the edge. In this case, total
reflectivity has one cycle of fluctuation, when the color changes from red to green, or from
green to blue.
When the wavelength changes a little, the change of ratio in the three primary colors can
be suppressed also for the period of grating larger than 7 λG , because the area passes through
the side of a groove repeatedly in the wavelength range of red or blue, and so the ratio of
the colors does not change. When the wavelength changes from red to green, it is desirable
for the area of an electric field to straddle the side of a groove at least once, which causes
more than one cycle of fluctuation. Thus, if the period of the grating is more than 7 λG , the
ratio of the three primary colors can be constant when the color changes.
The second method is to vary the period and depth and to reduce wavelength dependence.
If the grating is not periodic, the relationship between the area of electric field, and the
surface relief and the base changes groove by groove. Thus, multiple positional relations
between a side and an electric field area are created due to variations of the grooves. When
the wavelength changes, the positional relation as a whole between grooves and electric field
will not change for such grooves. Regarding the magnitude of the modulation of period and
the depth of the groove, it is desirable to set it larger than the area of the electric field.
6.

Conclusion

In the resonance domain of a grating, we proposed a new antireflective structure and a new
polarizer which have simple structures, high transmissivity and small wavelength dependence.
The antireflective structure consists of only a relief. When the aspect ratio of the triangular grating is 0.7 and Λ/λ is 19, the total reflectivity reaches 0.4% as the average of the
polarizations for both experiment and calculation. Furthermore, a technique for reducing
reflectivity for a triangular grating was proposed. In the case of perpendicular incidence, the
greater the aspect ratio is and the longer the period is, the smaller the reflectivity becomes.
When the aspect ratio is 2, the period is 18.2λ and the refractive index is 1.5, the total
reflectivity becomes 0.1% for TE mode.
The polarizer structure consists of a relief and a substrate. A local maximum of the
polarization ratio exists as the aspect ratio changes, and the polarization ratio fluctuates
with changes in substrate thickness. When the aspect ratio is 0.9 and the substrate thickness
is changed so that the polarization ratio is maximized, the ratio of the reflectivity of TE to
TM reaches 20 and the transmissivity in TM mode is 99%.
Furthermore, we calculated the electric field of the grating by NS-FDTD to find way
to reduce the wavelength dependence of the total reflectivity. The areas of strong regular
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electric field are formed like the blocks of a pyramid in the groove of the grating, and the
reflectivity increases when the area, and the side or the base are in the same location. As a
result, the wavelength dependence of total reflectivity is governed by two factors, the period
of the grating and the thickness of the substrate, because when the wavelength changes, the
positional relationship changes and then the reflectivity fluctuates.
It is concluded that the design criteria for reducing the wavelength dependence of total
reflectivity are to modify or resize the size of the period and the depth of the grating so that
the side of the grating has multiple positional relations to the electric field in the range of
color sensors of the human eye.
Thus, in the resonance domain, we desinged the optical elements with low total reflectivity
and high polarization ratio and we also devised the methods to reduce wavelength dependence
of them.
7.
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List of Figure Captions
Table 1 Comparison of total reflectivities of rectangular grating and triangular grating. The
fill factor of the groove is 0.5, Λ/λ is 9.1 and d/Λ is 1. The refractive index of a grating is
1.5 or 3.
a

The groove profile is either rectangular or isosceles triangular in shape.
”Parallel light”is incident light with θi = 0. ”Diffusion light”is incident light whose θi ranges from 0 to
80◦ and whose intensity is uniform.
b

Table 2 Total reflectivities of experiment and calculation for the surface relief of the grating
in case A. The polarizations are TE and TM.
Table 3 ds of experiment and calculation for the grating in case A. The periods of gratings
are varied from 1.08 to 5 µm and the wavelength is 0.6328 µm.
Table 4 The polarization ratio of TE to TM about total reflectivities of experiment and
calculation for the grating with the base and the surface relief in case A. The period is set
from 1.08 to 5 µm and the wavelength is 0.6328 µm
Table 5 Angle of the local minimum of total reflectivity in Fig. 22 and θBr . The refractive
index n is 1.5 or 1.9. ds/λ is 0.55, 0.605, 0.64 or 0.705. The polarization is TM mode.
Fig. 1 (Color online) Top view and side view of the grating illustrating the method of
measuring reflectivity. The dove prism is placed on the back surface of the grating like the
tail of a pigeon. Some of the incident light is reflected and detected, and the remainder is
transmitted through the grating and is scattered in the dove prism. Λ is the period, d is the
depth and ds is the substrate thickness of the grating.
Fig. 2 Arrangement of gratings on the mold. The period of the gratings is 1.08, 1.8, 3 and
5 µm from left to right. The stripes of the gratings are in the longitudinal direction.
Fig. 3 (Color online) Wavelength dependence of reflectivity on the surface relief in case
A. The aspect ratio is varied from 0.5 to 2. ds in Fig. 1 is set to infinity. Regarding the
polarization mode, (a) is TE and (b) is TM.
Fig. 4 Grating and incident light. The definition of incidence angle θ is shown. The side
of the grating and its normal line form the angle of incidence.
Fig. 5 (Color online) Total reflectivity of the grating for different aspect ratios and refractive indexes in case A. The incidence angle θ is defined in Fig. 4. ds in Fig. 1 is set to infinity.
Regarding the polarization mode, (a) is TE and (b) is TM.
Fig. 6 (Color online) Total reflectivity of the grating for different aspect ratios and refractive indexes in case A. The incidence angle θ is defined in Fig. 4. ds in Fig. 1 is set to infinity.
Regarding the polarization mode, (a) is TE and (b) is TM. Λ/λ is 9.1 or 18.2. The refractive
index is 1.5 or 3.
Fig. 7 (Color online) Total reflectivity of the grating for different aspect ratios and refractive indexes in case B. The incidence angle θ is defined in Fig. 4. ds in Fig. 1 is set to infinity.
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Regarding the polarization mode, (a) is TE and (b) is TM.
Fig. 8 (Color online) Total reflectivity of the grating for different aspect ratios and refractive indexes in case B. The incidence angle θ is defined in Fig. 4. ds in Fig. 1 is set to infinity.
Regarding the polarization mode, (a) is TE and (b) is TM. Λ/λ is 9.1 or 18.2. The refractive
index is 1.5 or 3.
Fig. 9 (a) Path of reflected light and the relationship of α1 , α2 and θa . (b) Path of reflected
light of two times reflection. (c) Path of reflected light of four times reflection.
Fig. 10 (Color online) (a) The axis of electric field. (b)The grating and the field for FDTD
calculation (c) The phase distribution of both the incident light and scattered light in TM
mode and case A. The electric field along Y axis is shown. The period is 4λ and the aspect
ratio is 1. ds is set to zero and a dove prism is removed in Fig. 1. Phase value is relative.
Fig. 11 (Color online) Phase distribution of the scattered light in TE mode and case A.
The period is 2λ and the aspect ratio is 1. ds is set to zero and the dove prism in Fig. 1 is
removed.
Fig. 12 (Color online) Phase distribution of the scattered light in TE mode and case A.
The electric field along Y axis is shown. The period is 3λ. (a) Aspect ratio is 0.5. (b) Aspect
ratio is 1.
Fig. 13 (Color online) Phase distribution of the scattered light in TE mode and case A. The
period is 4λ and the aspect ratios of (a), (b), (c) and (d) are 0.5, 1, 1.5 and 3, respectively.
Fig. 14 (Color online) Phase distribution of the scattered light in TE mode for the rectangular grating. The period is 4λ and the aspect ratio is 1. ds is set to zero.
Fig. 15 (Color online) Phase distribution of the scattered light in TM mode and case A.
The electric field along Y axis is shown. The aspect ratio is 1. (a) The period is 2λ. (b) The
period is 4λ.
Fig. 16 (Color online) Phase distribution of the scattered light in TE mode and case B.
The aspect ratio is 1. (a) The period is 2λ. (b) The period is 4λ.
Fig. 17 (Color online) Phase distribution of the scattered light in TE mode and case A.
The wavelength is changed and the aspect ratio is 1. (a), (b), and (c) have periods 3.03, 3.5,
and 4.13λ, respectively. The reflectivities of (a) and (c) are low and that of (b) is high.
Fig. 18 (Color online) Phase distribution of the scattered light in TE mode and case B.
The wavelength is changed and aspect ratio is 1. (a), (b), and (c) have periods 2.84, 3.03,
and 3.8λ , respectively. The reflectivities of (a) and (c) are high and that of (b) is low.
Fig. 19 (Color online) Total reflectivity of the grating against substrate thickness. The
polarizations are TE and TM and aspect ratio is 0.5 or 1.
Fig. 20 Electric field intensity for the gratings with different substrate thickness. (a), (b),
and (c) have ds 0.55, 0.65, and 0.85λ , respectively. The reflectivities of (a) and (c) are high
and that of (b) is low.
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Fig. 21 (Color online) Total reflectivity against Λ/λ for polarization TE or TM. λ was
changed. Horizontal axis is log scale. (a) The aspect ratio is 1, and the refractive index
is 1.5. When Λ/λ is 9.1, ds/λ is 0.55 or 0.65. (b) The grating, substrate 1 and substrate 2
sandwiched by air. (c) The aspect ratio of the grating is 0.5. The refractive index of substrate
1 and the grating is 1.52 and that of substrate 2 is 1.575 in (b). When Λ/λ is 9.1, d1/λ is
3.64 and d2/λ is 181.2. Fig. 22 (Color online) Total reflectivity of the grating with a base
against incidence angle θb . Λ/λ is 9.1, ds/λ is 0.55 or 0.64. The polarizations are TE and
TM. The transverse axis is the incidence angle θb . The angle is derived from Snell’s law as
illustrated in the left figure. (a) The refractive index n is 1.5. (b) n is 1.9.
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Table 1. Comparison of total reflectivities of rectangular grating and triangular
grating. The fill factor of the groove is 0.5, Λ/λ is 9.1 and d/Λ is 1. The
refractive index of a grating is 1.5 or 3.
The refractive index is 1.5.
Case
A
B

a

Shape
Rectanglea
Trianglea
Rectanglea
Trianglea

The refractive index is 3.

Parallel light b Diffusion light b Parallel light b Diffusion light b
TE(%) TM(%) TE(%) TM(%) TE(%) TM(%) TE(%) TM(%)

3
3
10
3
0.18 0.01 1.67 1.30
11
12
45
44
6
9
43
45

24
5.0
29
29

23
0.2
27
21

34
12.7
77
66

14
8.3
73
69

The groove profile is either rectangular or isosceles triangular in shape. b ”Parallel light”is incident light

with θi = 0. ”Diffusion light”is incident light whose θi ranges from 0 to 80◦ and whose intensity is uniform.
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Table 2. Total reflectivities of experiment and calculation for the surface relief
of the grating in case A. The polarizations are TE and TM.

Mode

Exp.(%)

Calc. (%)

TE

0.6
0.1

0.6
0.02

TM
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Table 3. ds of experiment and calculation for the grating in case A. The periods
of gratings are varied from 1.08 to 5 µm and the wavelength is 0.6328 µm.
µ
µ
µ
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Table 4. The polarization ratio of TE to TM about total reflectivities of experiment and calculation for the grating with the base and the surface relief
in case A. The period is set from 1.08 to 5 µm and the wavelength is 0.6328
µm.
Λ/λ

1.7

2.8

4.7

7.9

Exp.

2.2

1.7

2.1

2.2

Calc.

1.8

1.4

2.0

2.1
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Table 5. Angle of the local minimum of total reflectivity in Fig. 22 and θBr .
The refractive index n is 1.5 or 1.9. ds/λ is 0.55, 0.605, 0.64 or 0.705. The
polarization is TM mode.
θ Br

29

Grating

Grating

Mold

3mm
1mm
Fig. 1. (Color online) Top view and side view of the grating illustrating the
method of measuring reflectivity. The dove prism is placed on the back surface
of the grating like the tail of a pigeon. Some of the incident light is reflected
and detected, and the remainder is transmitted through the grating and is
scattered in the dove prism. Λ is the period, d is the depth and ds is the
substrate thickness of the grating.
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Top view

Λ

Side view

Fig. 2. Arrangement of gratings on the mold. The period of the gratings is
1.08, 1.8, 3 and 5 µm from left to right. The stripes of the gratings are in the
longitudinal direction.
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Total reflectivity
Total reflectivity

1.E-01
10-1

d/Λ
Λ=

0.75

1

1.5

2

1.E-02
10-2
1.E-03
10-3
1.E-04
10-4
-5

1.E-05
10
1

-1
1.E-01

10

Total reflectivity
Total
reflectivity

0.5

2

d/Λ
Λ=

3

0.5

Λ/λ

4

0.75

5

1

6

1.5

2

-2

1.E-02
10
-3

1.E-03
10
-4

1.E-04
10
-5

10
1.E-05
1

2

3

Λ/λ

4

5

6

Fig. 3. (Color online) Wavelength dependence of reflectivity on the surface
relief in case A. The aspect ratio is varied from 0.5 to 2. ds in Fig. 1 is set to
infinity. Regarding the polarization mode, (a) is TE and (b) is TM.
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θ

Fig. 4. Grating and incident light. The definition of incidence angle θ is shown.
The side of the grating and its normal line form the angle of incidence.
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Total reflectivity

0
1.E+00
10

Refractive index

-1
1.E-01
10

2

2.5

3

-2
1.E-02

10

-3
1.E-03
10
-4
1.E-04
10
-5
1.E-05
10

45

0
1.E-01
10

Total reflectivity

1.5

65
Incidence angle(degree)

Refractive index

1.E-02
10-1

85

1.5

2

2.5

3

-2
1.E-03
10

1.E-04
10-3
1.E-05
10-4
-5

1.E-06
10
45

65
Incidence angle(degree)

85

Fig. 5. (Color online) Total reflectivity of the grating for different aspect ratios
and refractive indexes in case A. The incidence angle θ is defined in Fig. 4. ds
in Fig. 1 is set to infinity. Regarding the polarization mode, (a) is TE and (b)
is TM.
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Λ/λ - Refractive index

Total reflectivity

0
1.E+00
10
-1

1.E-01
10

9.1 - 1.5

18.2 - 1.5

9.1 - 3

18.2 - 3

-2
1.E-02
10
-3

1.E-03
10
-4
1.E-04
10
-5

1.E-05
10
45
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Incidence angle(degree)

Λ/λ - Refractive index

0

10
1.E-01
Total reflectivity

85

-1

10
1.E-02

9.1 - 1.5

18.2 - 1.5

9.1 - 3

18.2 - 3

-2

10
1.E-03
-3

1.E-04
10
1.E-05
10-4
1.E-06
10-5
45

65
Incidence angle(degree)

85

Fig. 6. (Color online) Total reflectivity of the grating for different aspect ratios
and refractive indexes in case A. The incidence angle θ is defined in Fig. 4. ds
in Fig. 1 is set to infinity. Regarding the polarization mode, (a) is TE and (b)
is TM. Λ/λ is 9.1 or 18.2. The refractive index is 1.5 or 3.

35

Total reflectivity

1
0.1
0.01
Refractive
index

0.001

1.2

1.5

2

2.5

3

0.0001
25

45
65
Incidence angle(degree)

Total reflectivity

1
0.1
0.01
0.001

1.2
2
3

Refractive
index

1.5
2.5

0.0001
25

45
65
Incidence angle(degree)

Fig. 7. (Color online) Total reflectivity of the grating for different aspect ratios
and refractive indexes in case B. The incidence angle θ is defined in Fig. 4. ds
in Fig. 1 is set to infinity. Regarding the polarization mode, (a) is TE and (b)
is TM.
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Total reflectivity

1
0.1
Λ/λ - Refractive index

0.01

9.1 - 1.5
9.1 - 3

0.001
25

Total reflectivity

18.2 - 1.5
18.2 - 3

45
65
Incidence angle(degree)

85

1
0.1
Λ/λ - Refractive index

0.01

9.1 - 1.5
9.1 - 3

0.001
25

18.2 - 1.5
18.2 - 3

45
65
Incidence angle(degree)

85

Fig. 8. (Color online) Total reflectivity of the grating for different aspect ratios
and refractive indexes in case B. The incidence angle θ is defined in Fig. 4. ds
in Fig. 1 is set to infinity. Regarding the polarization mode, (a) is TE and (b)
is TM. Λ/λ is 9.1 or 18.2. The refractive index is 1.5 or 3.
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α1
α2

θa

Fig. 9. (a) Path of reflected light and the relationship of α1 , α2 and θa . (b)
Path of reflected light of two times reflection. (c) Path of reflected light of four
times reflection.
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Y

Scale

X

Phase
value

-3

-2

-1

0

1

2

3

Fig. 10. (Color online) (a) The axis of electric field. (b)The grating and the
field for FDTD calculation (c) The phase distribution of both the incident
light and scattered light in TM mode and case A. The electric field along Y
axis is shown. The period is 4λ and the aspect ratio is 1. ds is set to zero and
a dove prism is removed in Fig. 1. Phase value is relative.
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Fig. 11. (Color online) Phase distribution of the scattered light in TE mode
and case A. The period is 2λ and the aspect ratio is 1. ds is set to zero and
the dove prism in Fig. 1 is removed.
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d /Λ=0.5

d /Λ=1

Fig. 12. (Color online) Phase distribution of the scattered light in TE mode
and case A. The electric field along Y axis is shown. The period is 3λ. (a)
Aspect ratio is 0.5. (b) Aspect ratio is 1.
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d /Λ=0.5

d /Λ=1

d /Λ=1.5

d /Λ=3

Fig. 13. (Color online) Phase distribution of the scattered light in TE mode
and case A. The period is 4λ and the aspect ratios of (a), (b), (c) and (d) are
0.5, 1, 1.5 and 3, respectively.
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4λ

Fig. 14. (Color online) Phase distribution of the scattered light in TE mode
for the rectangular grating. The period is 4λ and the aspect ratio is 1. ds is
set to zero.
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2λ

4λ

Fig. 15. (Color online) Phase distribution of the scattered light in TM mode
and case A. The electric field along Y axis is shown. The aspect ratio is 1. (a)
The period is 2λ. (b) The period is 4λ.
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Λ/λ=2

Λ/λ=4

Fig. 16. (Color online) Phase distribution of the scattered light in TE mode
and case B. The aspect ratio is 1. (a) The period is 2λ. (b) The period is 4λ.
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Λ/λ=3.03

Λ/λ=3.5

Λ/λ=4.13
Fig. 17. (Color online) Phase distribution of the scattered light in TE mode
and case A. The wavelength is changed and the aspect ratio is 1. (a), (b), and
(c) have periods 3.03, 3.5, and 4.13λ, respectively. The reflectivities of (a) and
(c) are low and that of (b) is high.
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Λ/λ=2.84

Λ/λ=3.03

Λ/λ=3.8
Fig. 18. (Color online) Phase distribution of the scattered light in TE mode
and case B. The wavelength is changed and aspect ratio is 1. (a), (b), and (c)
have periods 2.84, 3.03, and 3.8λ , respectively. The reflectivities of (a) and
(c) are high and that of (b) is low.
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Mode -Aspect ratio

Total reflectivity

1

TE-0.5
TE-1

TM-0.5
TM-1

0.1

0.01
0

0.5

1

ds /λ
λ

1.5

2

Fig. 19. (Color online) Total reflectivity of the grating against substrate thickness. The polarizations are TE and TM and aspect ratio is 0.5 or 1.
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ds

ds = 0.55λ

ds = 0.65λ

ds = 0.85λ

Fig. 20. Electric field intensity for the gratings with different substrate thickness. (a), (b), and (c) have ds 0.55, 0.65, and 0.85λ , respectively. The reflectivities of (a) and (c) are high and that of (b) is low.
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Mode -ds/ λ

Λ/λ

Fig. 21. (Color online) Total reflectivity against Λ/λ for polarization TE or
TM. λ was changed. Horizontal axis is log scale. (a) The aspect ratio is 1,
and the refractive index is 1.5. When Λ/λ is 9.1, ds/λ is 0.55 or 0.65. (b) The
grating, substrate 1 and substrate 2 sandwiched by air. (c) The aspect ratio of
the grating is 0.5. The refractive index of substrate 1 and the grating is 1.52
and that of substrate 2 is 1.575 in (b). When Λ/λ is 9.1, d1/λ is 3.64 and d2/λ
is 181.2.
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Mode -ds/ λ

θb
θ
n = 1.5
Mode -ds/ λ

θ
n = 1.9

Fig. 22. (Color online) Total reflectivity of the grating with a base against
incidence angle θb . Λ/λ is 9.1, ds/λ is 0.55 or 0.64. The polarizations are TE
and TM. The transverse axis is the incidence angle θb . The angle is derived
from Snell’s law as illustrated in the left figure. (a) The refractive index n is
1.5. (b) n is 1.9.
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